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Abstract. Trajectories have been massively collected in a wide range
of domains and play a critical role in data-driven task support. However,
trajectories are often highly sparse and incomplete, which has become a
key bottleneck that limits the applicability of trajectory analysis tech-
niques. While many existing sequential models are seemingly applicable
to the trajectory completion problem, they often suffer severely from data
sparsity and irregularity and yield poor performance in practice. We pro-
pose an effective method, named TrajCom, for completing sparse and
irregular trajectories. To address data sparsity, TrajCom leverages rich
context information to filter a set of reference trajectories that correlate
strongly with the target incomplete trajectory. Then, TrajCom learns
time-aware encodings of these trajectories by a newly proposed time-
aware recurrent unit. Moreover, a popularity-weighted attention mech-
anism is proposed to complete the missing locations. Extensive exper-
iments on four datasets show that TrajCom outperforms competitive
baselines with up to 25% relative improvements.

1 Introduction

Trajectories, defined as timestamped sequences of locations, arise in a wide spec-
trum of domains and enable data-driven task support therein. To name a few,
trajectory data analytics has shown to be critical to applications ranging from
smart transportation [18] and urban planning [1], to robotics design [16] and
self-driving cars [19]

Despite the flourish of trajectory data, one key but often overlooked bot-
tleneck that limits the applicability of existing trajectory analysis techniques is
the incompleteness of trajectory data. Instead of being sampled at a regular and
high rate, raw trajectory data are often sparse and incomplete. For example, taxi
trajectories in ride-sharing services can easily suffer from unstable GPS signals
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Target Trajectory:
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Fig. 1. Given a target trajectory of user u and a specified time point t∗, the trajectory
completion problem aims at estimating the location that u is most likely to visit at t∗.
To remedy the data sparsity and irregularity, TrajCom is proposed. As shown, the
the dotted lines are the reference trajectories. (Best viewed in color).

and hardware malfunction, resulting in many missing records in the trajectory
database; social network users mostly share their locations at an extremely low
frequency, leading to highly sparse trajectories where the time gap varies from
hours to days. Trajectory completion, which aims at estimating the “missing”
locations at specific time points in a target trajectory, has become a critical step
prior to trajectory analysis. Figure 1 shows an example of trajectory comple-
tion. Suppose we have a target trajectory Tu of user u where his/her locations
between consecutive records are missing. Given a time point t∗, trajectory com-
pletion aims at estimating the location of the user at t∗ (the red point in the
right part).

However, completing missing trajectories is non-trivial due to the following
two challenges:

– Sparsity of trajectories. Finding proper candidate locations that the user
may visit at t∗ is key to estimate the missing location accurately. This is
challenging when the target trajectory is sparse. Sparse trajectory leads to the
large time gaps between consecutive records and decreases the effectiveness of
spatio-temporal constrain in inferring missing points. For example, if the time
gap between r2 and r3 is several hours in Figure 1, the candidate locations
will cover a broad range of space, which makes it hard to estimate the correct
location.

– Irregularity of time gaps. To complete trajectories effectively, we should
be able to learn user mobility model in continuous time from user trajectories
which have irregular time gaps between consecutive records. It is challenging
because the influence between consecutive records are not identical. For ex-
ample, in the left part of Figure 1, the time gap between r1 and r2 and that
between r2 and r3 is different and thus the influence of r1 on r2 is different
from that of r2 on r3. It is expected that a trajectory completion method is
able to capture the difference. In addition, we should also consider the gaps of
t∗ from the previous point and subsequent point when estimating locations.

Although a number of existing sequential models [2, 21, 31, 28, 4, 15, 17] can
be potentially applied to the trajectory completion problem, but they cannot
address the aforementioned challenges. These models fall into two categories:
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single-sequence models and multi-sequence models. Single-sequence models[2,
21, 17] operate on one single timestamped sequence and estimate missing val-
ues by capturing the regularity in that sequence. Example models include lin-
ear interpolation and autoregressive models. It seems possible to directly apply
single-sequence models on the target trajectory. But these methods are designed
for dense trajectories on road network and are not suitable for other types of
trajectories. Their performance will be poor when the target trajectory is sparse
and short. The case is even worse when the time gaps vary. This is because
the target trajectory alone does not provide sufficient information for learning
reliable single-sequence models. Multi-sequence methods [31, 28, 4, 15, 11, 9, 22]
learn sequential models (e.g., hidden Markov model, recurrent neural network)
from a collection of sequences. Most of these methods are originally designed to
make predictions or recommendations on the target sequence and can be easily
adapted to trajectory completion task. However, these methods often assume all
the records are sampled uniformly without considering the time gap irregularity
between consecutive records. Furthermore, they use all the sequences but ignore
the fact that many sequences are irrelevant to the target trajectory. Another
issue of adapting these methods for trajectory completion is that they use only
the preceding sub-trajectory of the target point t∗ for prediction, but not the
sub-trajectory after t∗. As a result, these models fail to emphasize local patterns
around the query point and often yield suboptimal completion accuracy.

Motivated by the lack of effective techniques for completing sparse and ir-
regular trajectories, we propose a new neural trajectory completion method.
Our method, named TrajCom, employs a filtering-and-encoding pipeline. In
the first step, it features a context-guided neural filtering module to select
a set of reference trajectories. Instead of relying on the target trajectory alone
or feeding in all trajectories indiscriminately, TrajCom filters a set of reference
trajectories that highly correlate with the target trajectory. Then, TrajCom
performs context-aware record encoding of records in both the target tra-
jectory and reference trajectories. To learn contextual transition regularities, we
design a time-aware recurrent unit, which explicitly models time gap information
to learn time-aware transitions for estimating missing locations. To estimate the
missing location, a popularity-weighted attention mechanism is proposed. It can
not only attend to the most important contexts, but also provide interpretable
explanations that rationalize its completions.

We summarize the contributions of this paper as follows:

– We propose a context-guided neural filtering mechanism for trajectory com-
pletion. Different from existing works, the neural filtering module selects a set
of reference trajectories to alleviate data sparsity.

– We propose a time-aware gated recurrent unit (tGRU) to explicitly model
time gap information to handle data irregularity. Moreover, we also design a
popularity-weighted attention mechanism for inferring missing locations.

– We conduct extensive experiments on four real-world datasets, which con-
tain both check-in trajectories and human movement trajectories. The exper-
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imental results show that TrajCom outperforms state-of-the-art trajectory
completion methods with up to 25% improvements.

2 Related Work

We provide an overview of existing studies related to TrajCom. These works
can be classified into three orthogonal aspects: trajectory completion, location
prediction and POI recommendation, and methods for modeling varied time gap.

Trajectory Completion. Various techniques have been proposed to com-
plete trajectory data. They can be broadly categorized into two groups: single-
sequence models and multi-sequence models. Methods in the first group are
interpolation/regression-based methods [2, 21, 17] which complete the missing
location by capturing the regularity in target trajectory itself. This kind of meth-
ods are poorly preformed in our task because the target trajectory alone can lack
evidence for estimating reliable location in such sparse and irregular data. The
other group of methods is multi-sequence models. Methods in this group can be
further divided in two lines. The first line is road-based methods which relies on
external road information to complete trajectory. [13] [13] exploit the structural
regularity in large GPS trace data to infer the missing locations without informa-
tion about the underlying road network. [24] [24] propose a method to calibrate
trajectory data based on the geometric characters and road map. [10] [10] and
[8] [8] present efficient models to map the trace into road maps and complete the
missing locations. However, these methods can only complete dense GPS traces
in road networks, and are not suitable for sparse trajectories. Another line is
clustering based method which completes the trajectory based on the clustering
result. To our knowledge, there is only one work falling in this line. [23] [23]
first cluster trajectories into several clusters and complete the target trajectory
with trajectories in the same cluster. Unfortunately, this work is designed for
dense trajectories and the performance will be poor when the target trajectory
is sparse.

Location Prediction & POI Recommendation. The methods for lo-
cation prediction and POI recommendation are not proposed for completing
trajectory but can be adapted to this task. These methods can be roughly cate-
gorized into two groups: location prediction methods and POI recommendation
methods. For the first group, [29] [29] and [30] [30] propose to predict the next
location by mining the frequent sequencial patterns of locations. In recent years,
[15] [15], [28] [28] and [14] [14] design several RNN structures to capture the
sequential influence and predict the future locations of users. Many different
methods are proposed for POI recommendation, such as metric embedding[5],
collaborative retrieval[32], matrix factorization[6], factorization machine[12], and
neural network[27][33]. However, these methods are incapable of capturing the
uneven time gaps between consecutive records and all these methods fail to uti-
lize the subsequent information of the target time to complete a location for the
target time.
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<latexit sha1_base64="6aJKMNxjHquV8UGexGu2ArF0nSk=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KokI6q3gxWNFYwttKJvtpl272YTdiVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqRQGXffbWVpeWV1bL22UN7e2d3Yre/sPJsk04z5LZKJbITVcCsV9FCh5K9WcxqHkzXB4PfGbT1wbkah7HKU8iGlfiUgwila6093HbqXq1twpyCLxClKFAo1u5avTS1gWc4VMUmPanptikFONgkk+Lncyw1PKhrTP25YqGnMT5NNTx+TEKj0SJdqWQjJVf0/kNDZmFIe2M6Y4MPPeRPzPa2cYXQa5UGmGXLHZoiiTBBMy+Zv0hOYM5cgSyrSwtxI2oJoytOmUbQje/MuLxD+rXdXc2/Nq/bhIowSHcASn4MEF1OEGGuADgz48wyu8OdJ5cd6dj1nrklPMHMAfOJ8/vSqNiA==</latexit><latexit sha1_base64="6aJKMNxjHquV8UGexGu2ArF0nSk=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KokI6q3gxWNFYwttKJvtpl272YTdiVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqRQGXffbWVpeWV1bL22UN7e2d3Yre/sPJsk04z5LZKJbITVcCsV9FCh5K9WcxqHkzXB4PfGbT1wbkah7HKU8iGlfiUgwila6093HbqXq1twpyCLxClKFAo1u5avTS1gWc4VMUmPanptikFONgkk+Lncyw1PKhrTP25YqGnMT5NNTx+TEKj0SJdqWQjJVf0/kNDZmFIe2M6Y4MPPeRPzPa2cYXQa5UGmGXLHZoiiTBBMy+Zv0hOYM5cgSyrSwtxI2oJoytOmUbQje/MuLxD+rXdXc2/Nq/bhIowSHcASn4MEF1OEGGuADgz48wyu8OdJ5cd6dj1nrklPMHMAfOJ8/vSqNiA==</latexit><latexit sha1_base64="6aJKMNxjHquV8UGexGu2ArF0nSk=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSp4KokI6q3gxWNFYwttKJvtpl272YTdiVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqRQGXffbWVpeWV1bL22UN7e2d3Yre/sPJsk04z5LZKJbITVcCsV9FCh5K9WcxqHkzXB4PfGbT1wbkah7HKU8iGlfiUgwila6093HbqXq1twpyCLxClKFAo1u5avTS1gWc4VMUmPanptikFONgkk+Lncyw1PKhrTP25YqGnMT5NNTx+TEKj0SJdqWQjJVf0/kNDZmFIe2M6Y4MPPeRPzPa2cYXQa5UGmGXLHZoiiTBBMy+Zv0hOYM5cgSyrSwtxI2oJoytOmUbQje/MuLxD+rXdXc2/Nq/bhIowSHcASn4MEF1OEGGuADgz48wyu8OdJ5cd6dj1nrklPMHMAfOJ8/vSqNiA==</latexit>

T a
u

<latexit sha1_base64="oL89jD/IWi+wwcfcMpJp+Z8qutQ=">AAAB63icbVBNS8NAEJ34WetX1aOXxSp4KokI6q3gxWOFxhbaWDbbTbt0swm7E6GE/gYvHlS8+oe8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTJJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+Hoduq3nrg2IlFNHKc8iOlAiUgwilbym73skfYqVbfmzkCWiVeQKhRo9Cpf3X7CspgrZJIa0/HcFIOcahRM8km5mxmeUjaiA96xVNGYmyCfHTshZ1bpkyjRthSSmfp7IqexMeM4tJ0xxaFZ9Kbif14nw+g6yIVKM+SKzRdFmSSYkOnnpC80ZyjHllCmhb2VsCHVlKHNp2xD8BZfXib+Re2m5t5fVuunRRolOIYTOAcPrqAOd9AAHxgIeIZXeHOU8+K8Ox/z1hWnmDmCP3A+fwANjo5I</latexit><latexit sha1_base64="oL89jD/IWi+wwcfcMpJp+Z8qutQ=">AAAB63icbVBNS8NAEJ34WetX1aOXxSp4KokI6q3gxWOFxhbaWDbbTbt0swm7E6GE/gYvHlS8+oe8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTJJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+Hoduq3nrg2IlFNHKc8iOlAiUgwilbym73skfYqVbfmzkCWiVeQKhRo9Cpf3X7CspgrZJIa0/HcFIOcahRM8km5mxmeUjaiA96xVNGYmyCfHTshZ1bpkyjRthSSmfp7IqexMeM4tJ0xxaFZ9Kbif14nw+g6yIVKM+SKzRdFmSSYkOnnpC80ZyjHllCmhb2VsCHVlKHNp2xD8BZfXib+Re2m5t5fVuunRRolOIYTOAcPrqAOd9AAHxgIeIZXeHOU8+K8Ox/z1hWnmDmCP3A+fwANjo5I</latexit><latexit sha1_base64="oL89jD/IWi+wwcfcMpJp+Z8qutQ=">AAAB63icbVBNS8NAEJ34WetX1aOXxSp4KokI6q3gxWOFxhbaWDbbTbt0swm7E6GE/gYvHlS8+oe8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTJJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+Hoduq3nrg2IlFNHKc8iOlAiUgwilbym73skfYqVbfmzkCWiVeQKhRo9Cpf3X7CspgrZJIa0/HcFIOcahRM8km5mxmeUjaiA96xVNGYmyCfHTshZ1bpkyjRthSSmfp7IqexMeM4tJ0xxaFZ9Kbif14nw+g6yIVKM+SKzRdFmSSYkOnnpC80ZyjHllCmhb2VsCHVlKHNp2xD8BZfXib+Re2m5t5fVuunRRolOIYTOAcPrqAOd9AAHxgIeIZXeHOU8+K8Ox/z1hWnmDmCP3A+fwANjo5I</latexit>

Neural Collaborate Filtering

La
u

<latexit sha1_base64="B4Pdy8tAwI8Hjk8tDX6Q7AQRLWs=">AAACBXicbVBPS8MwHE3nvzn/VT2KUJyCp9GJoN4GXjx4mGDdYK0lzdItLE1Kkgoj9OTFr+LFg4pXv4M3v43p1oNuPgg83vs98vu9KKVEKtf9tioLi0vLK9XV2tr6xuaWvb1zJ3kmEPYQp1x0IygxJQx7iiiKu6nAMIko7kSjy8LvPGAhCWe3apziIIEDRmKCoDJSaO/73NhFWvsJVMMo1td5qLP8XsM8D+2623AncOZJsyR1UKId2l9+n6MswUwhCqXsNd1UBRoKRRDFec3PJE4hGsEB7hnKYIJloCdn5M6RUfpOzIV5TDkT9XdCw0TKcRKZyWJVOesV4n9eL1PxeaAJSzOFGZp+FGfUUdwpOnH6RGCk6NgQiAQxuzpoCAVEyjRXMyU0Z0+eJ95J46Lh3pzWW4dlG1WwBw7AMWiCM9ACV6ANPIDAI3gGr+DNerJerHfrYzpascrMLvgD6/MHXheZzw==</latexit><latexit sha1_base64="B4Pdy8tAwI8Hjk8tDX6Q7AQRLWs=">AAACBXicbVBPS8MwHE3nvzn/VT2KUJyCp9GJoN4GXjx4mGDdYK0lzdItLE1Kkgoj9OTFr+LFg4pXv4M3v43p1oNuPgg83vs98vu9KKVEKtf9tioLi0vLK9XV2tr6xuaWvb1zJ3kmEPYQp1x0IygxJQx7iiiKu6nAMIko7kSjy8LvPGAhCWe3apziIIEDRmKCoDJSaO/73NhFWvsJVMMo1td5qLP8XsM8D+2623AncOZJsyR1UKId2l9+n6MswUwhCqXsNd1UBRoKRRDFec3PJE4hGsEB7hnKYIJloCdn5M6RUfpOzIV5TDkT9XdCw0TKcRKZyWJVOesV4n9eL1PxeaAJSzOFGZp+FGfUUdwpOnH6RGCk6NgQiAQxuzpoCAVEyjRXMyU0Z0+eJ95J46Lh3pzWW4dlG1WwBw7AMWiCM9ACV6ANPIDAI3gGr+DNerJerHfrYzpascrMLvgD6/MHXheZzw==</latexit><latexit sha1_base64="B4Pdy8tAwI8Hjk8tDX6Q7AQRLWs=">AAACBXicbVBPS8MwHE3nvzn/VT2KUJyCp9GJoN4GXjx4mGDdYK0lzdItLE1Kkgoj9OTFr+LFg4pXv4M3v43p1oNuPgg83vs98vu9KKVEKtf9tioLi0vLK9XV2tr6xuaWvb1zJ3kmEPYQp1x0IygxJQx7iiiKu6nAMIko7kSjy8LvPGAhCWe3apziIIEDRmKCoDJSaO/73NhFWvsJVMMo1td5qLP8XsM8D+2623AncOZJsyR1UKId2l9+n6MswUwhCqXsNd1UBRoKRRDFec3PJE4hGsEB7hnKYIJloCdn5M6RUfpOzIV5TDkT9XdCw0TKcRKZyWJVOesV4n9eL1PxeaAJSzOFGZp+FGfUUdwpOnH6RGCk6NgQiAQxuzpoCAVEyjRXMyU0Z0+eJ95J46Lh3pzWW4dlG1WwBw7AMWiCM9ACV6ANPIDAI3gGr+DNerJerHfrYzpascrMLvgD6/MHXheZzw==</latexit>

La
u

<latexit sha1_base64="VbuKyceAKvcv3Q4UX6jef24Jqn8=">AAAB/HicbVC7TsMwFHXKq5RXeGwsFgWJqUoQErBVYmFgKBKhldoQOa7TWnWcyHaQihXxKywMgFj5EDb+BqfNAC1HsnR0zr26xydMGZXKcb6tysLi0vJKdbW2tr6xuWVv79zJJBOYeDhhieiESBJGOfEUVYx0UkFQHDLSDkeXhd9+IELShN+qcUr8GA04jShGykiBvad7MVLDMNLXeaCz/F6jPA/sutNwJoDzxC1JHZRoBfZXr5/gLCZcYYak7LpOqnyNhKKYkbzWyyRJER6hAekaylFMpK8n6XN4ZJQ+jBJhHldwov7e0CiWchyHZrKIKme9QvzP62YqOvc15WmmCMfTQ1HGoEpgUQXsU0GwYmNDEBbUZIV4iATCyhRWMyW4s1+eJ95J46Lh3JzWm4dlG1WwDw7AMXDBGWiCK9ACHsDgETyDV/BmPVkv1rv1MR2tWOXOLvgD6/MHCcyVtQ==</latexit><latexit sha1_base64="VbuKyceAKvcv3Q4UX6jef24Jqn8=">AAAB/HicbVC7TsMwFHXKq5RXeGwsFgWJqUoQErBVYmFgKBKhldoQOa7TWnWcyHaQihXxKywMgFj5EDb+BqfNAC1HsnR0zr26xydMGZXKcb6tysLi0vJKdbW2tr6xuWVv79zJJBOYeDhhieiESBJGOfEUVYx0UkFQHDLSDkeXhd9+IELShN+qcUr8GA04jShGykiBvad7MVLDMNLXeaCz/F6jPA/sutNwJoDzxC1JHZRoBfZXr5/gLCZcYYak7LpOqnyNhKKYkbzWyyRJER6hAekaylFMpK8n6XN4ZJQ+jBJhHldwov7e0CiWchyHZrKIKme9QvzP62YqOvc15WmmCMfTQ1HGoEpgUQXsU0GwYmNDEBbUZIV4iATCyhRWMyW4s1+eJ95J46Lh3JzWm4dlG1WwDw7AMXDBGWiCK9ACHsDgETyDV/BmPVkv1rv1MR2tWOXOLvgD6/MHCcyVtQ==</latexit><latexit sha1_base64="VbuKyceAKvcv3Q4UX6jef24Jqn8=">AAAB/HicbVC7TsMwFHXKq5RXeGwsFgWJqUoQErBVYmFgKBKhldoQOa7TWnWcyHaQihXxKywMgFj5EDb+BqfNAC1HsnR0zr26xydMGZXKcb6tysLi0vJKdbW2tr6xuWVv79zJJBOYeDhhieiESBJGOfEUVYx0UkFQHDLSDkeXhd9+IELShN+qcUr8GA04jShGykiBvad7MVLDMNLXeaCz/F6jPA/sutNwJoDzxC1JHZRoBfZXr5/gLCZcYYak7LpOqnyNhKKYkbzWyyRJER6hAekaylFMpK8n6XN4ZJQ+jBJhHldwov7e0CiWchyHZrKIKme9QvzP62YqOvc15WmmCMfTQ1HGoEpgUQXsU0GwYmNDEBbUZIV4iATCyhRWMyW4s1+eJ95J46Lh3JzWm4dlG1WwDw7AMXDBGWiCK9ACHsDgETyDV/BmPVkv1rv1MR2tWOXOLvgD6/MHCcyVtQ==</latexit>

Ta
u

<latexit sha1_base64="/7v8S9V+aO878o8oySdrVHL5onk=">AAAB/HicbVDLSsNAFJ3UV62v+Ni5GayCq5KIoO4KblxWaGyhjWEynbRDJ5MwMxHqEPwVNy5U3Poh7vwbJ20W2npg4HDOvdwzJ0wZlcpxvq3K0vLK6lp1vbaxubW9Y+/u3ckkE5h4OGGJ6IZIEkY58RRVjHRTQVAcMtIJx9eF33kgQtKEt9UkJX6MhpxGFCNlpMA+0P0YqVEY6XYe6Cy/1yjPA7vuNJwp4CJxS1IHJVqB/dUfJDiLCVeYISl7rpMqXyOhKGYkr/UzSVKEx2hIeoZyFBPp62n6HJ4YZQCjRJjHFZyqvzc0iqWcxKGZLKLKea8Q//N6mYoufU15minC8exQlDGoElhUAQdUEKzYxBCEBTVZIR4hgbAyhdVMCe78lxeJd9a4aji35/XmcdlGFRyCI3AKXHABmuAGtIAHMHgEz+AVvFlP1ov1bn3MRitWubMP/sD6/AEWNJW9</latexit><latexit sha1_base64="/7v8S9V+aO878o8oySdrVHL5onk=">AAAB/HicbVDLSsNAFJ3UV62v+Ni5GayCq5KIoO4KblxWaGyhjWEynbRDJ5MwMxHqEPwVNy5U3Poh7vwbJ20W2npg4HDOvdwzJ0wZlcpxvq3K0vLK6lp1vbaxubW9Y+/u3ckkE5h4OGGJ6IZIEkY58RRVjHRTQVAcMtIJx9eF33kgQtKEt9UkJX6MhpxGFCNlpMA+0P0YqVEY6XYe6Cy/1yjPA7vuNJwp4CJxS1IHJVqB/dUfJDiLCVeYISl7rpMqXyOhKGYkr/UzSVKEx2hIeoZyFBPp62n6HJ4YZQCjRJjHFZyqvzc0iqWcxKGZLKLKea8Q//N6mYoufU15minC8exQlDGoElhUAQdUEKzYxBCEBTVZIR4hgbAyhdVMCe78lxeJd9a4aji35/XmcdlGFRyCI3AKXHABmuAGtIAHMHgEz+AVvFlP1ov1bn3MRitWubMP/sD6/AEWNJW9</latexit><latexit sha1_base64="/7v8S9V+aO878o8oySdrVHL5onk=">AAAB/HicbVDLSsNAFJ3UV62v+Ni5GayCq5KIoO4KblxWaGyhjWEynbRDJ5MwMxHqEPwVNy5U3Poh7vwbJ20W2npg4HDOvdwzJ0wZlcpxvq3K0vLK6lp1vbaxubW9Y+/u3ckkE5h4OGGJ6IZIEkY58RRVjHRTQVAcMtIJx9eF33kgQtKEt9UkJX6MhpxGFCNlpMA+0P0YqVEY6XYe6Cy/1yjPA7vuNJwp4CJxS1IHJVqB/dUfJDiLCVeYISl7rpMqXyOhKGYkr/UzSVKEx2hIeoZyFBPp62n6HJ4YZQCjRJjHFZyqvzc0iqWcxKGZLKLKea8Q//N6mYoufU15minC8exQlDGoElhUAQdUEKzYxBCEBTVZIR4hgbAyhdVMCe78lxeJd9a4aji35/XmcdlGFRyCI3AKXHABmuAGtIAHMHgEz+AVvFlP1ov1bn3MRitWubMP/sD6/AEWNJW9</latexit>

Ta
u

<latexit sha1_base64="NvgfpI4NhzLAIZ0sIZRDBmnWEws=">AAACBXicbVBPS8MwHE3nvzn/VT2KEJyCp9GJoN4GXjxOWN1grSXN0i0sTUuSCiP05MWv4sWDile/gze/jenWg24+CDze+z3y+70wZVQqx/m2KkvLK6tr1fXaxubW9o69u3cnk0xg4uKEJaIXIkkY5cRVVDHSSwVBcchINxxfF373gQhJE95Rk5T4MRpyGlGMlJEC+9BLjF2ktRcjNQoj3ckDneX3GuV5YNedhjMFXCTNktRBiXZgf3mDBGcx4QozJGW/6aTK10goihnJa14mSYrwGA1J31COYiJ9PT0jhydGGcAoEeZxBafq74RGsZSTODSTxapy3ivE/7x+pqJLX1OeZopwPPsoyhhUCSw6gQMqCFZsYgjCgppdIR4hgbAyzdVMCc35kxeJe9a4aji35/XWcdlGFRyAI3AKmuACtMANaAMXYPAInsEreLOerBfr3fqYjVasMrMP/sD6/AFqf5nX</latexit><latexit sha1_base64="NvgfpI4NhzLAIZ0sIZRDBmnWEws=">AAACBXicbVBPS8MwHE3nvzn/VT2KEJyCp9GJoN4GXjxOWN1grSXN0i0sTUuSCiP05MWv4sWDile/gze/jenWg24+CDze+z3y+70wZVQqx/m2KkvLK6tr1fXaxubW9o69u3cnk0xg4uKEJaIXIkkY5cRVVDHSSwVBcchINxxfF373gQhJE95Rk5T4MRpyGlGMlJEC+9BLjF2ktRcjNQoj3ckDneX3GuV5YNedhjMFXCTNktRBiXZgf3mDBGcx4QozJGW/6aTK10goihnJa14mSYrwGA1J31COYiJ9PT0jhydGGcAoEeZxBafq74RGsZSTODSTxapy3ivE/7x+pqJLX1OeZopwPPsoyhhUCSw6gQMqCFZsYgjCgppdIR4hgbAyzdVMCc35kxeJe9a4aji35/XWcdlGFRyAI3AKmuACtMANaAMXYPAInsEreLOerBfr3fqYjVasMrMP/sD6/AFqf5nX</latexit><latexit sha1_base64="NvgfpI4NhzLAIZ0sIZRDBmnWEws=">AAACBXicbVBPS8MwHE3nvzn/VT2KEJyCp9GJoN4GXjxOWN1grSXN0i0sTUuSCiP05MWv4sWDile/gze/jenWg24+CDze+z3y+70wZVQqx/m2KkvLK6tr1fXaxubW9o69u3cnk0xg4uKEJaIXIkkY5cRVVDHSSwVBcchINxxfF373gQhJE95Rk5T4MRpyGlGMlJEC+9BLjF2ktRcjNQoj3ckDneX3GuV5YNedhjMFXCTNktRBiXZgf3mDBGcx4QozJGW/6aTK10goihnJa14mSYrwGA1J31COYiJ9PT0jhydGGcAoEeZxBafq74RGsZSTODSTxapy3ivE/7x+pqJLX1OeZopwPPsoyhhUCSw6gQMqCFZsYgjCgppdIR4hgbAyzdVMCc35kxeJe9a4aji35/XWcdlGFRyAI3AKmuACtMANaAMXYPAInsEreLOerBfr3fqYjVasMrMP/sD6/AFqf5nX</latexit>

Time-aware RNN Encoder Popularity-weighted 
Attention
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P Candidate Locations
<latexit sha1_base64="wik18YJ7yD2ssTCBe+BjBm2KEL4=">AAACEnicbVC7SgNBFJ31GeMramkzGAWxCBsR1E6wsbCIYIyQDWF29q4ZMjuzzNwVw5J/sPFXbCxUbK3s/Bsnj0ITDwwczjmXO/eEqRQWff/bm5mdm19YLCwVl1dW19ZLG5s3VmeGQ51rqc1tyCxIoaCOAiXcpgZYEkpohN3zgd+4B2OFVtfYS6GVsDslYsEZOqldOgi0swfTtEYDGiA8YBjn50xFImII9FKPorbfLpX9ij8EnSbVMSmTMWrt0lcQaZ4loJBLZm2z6qfYyplBwSX0i0FmIWW8y+6g6ahiCdhWPrypT/ecEtFYG/cU0qH6eyJnibW9JHTJhGHHTnoD8T+vmWF80sqFSjMExUeL4kxS1HRQEI2EAY6y5wjjRri/Ut5hhnF0NRZdCdXJk6dJ/bByWvGvjspnu+M2CmSb7JB9UiXH5IxckBqpE04eyTN5JW/ek/fivXsfo+iMN57ZIn/gff4AYjid+g==</latexit><latexit sha1_base64="wik18YJ7yD2ssTCBe+BjBm2KEL4=">AAACEnicbVC7SgNBFJ31GeMramkzGAWxCBsR1E6wsbCIYIyQDWF29q4ZMjuzzNwVw5J/sPFXbCxUbK3s/Bsnj0ITDwwczjmXO/eEqRQWff/bm5mdm19YLCwVl1dW19ZLG5s3VmeGQ51rqc1tyCxIoaCOAiXcpgZYEkpohN3zgd+4B2OFVtfYS6GVsDslYsEZOqldOgi0swfTtEYDGiA8YBjn50xFImII9FKPorbfLpX9ij8EnSbVMSmTMWrt0lcQaZ4loJBLZm2z6qfYyplBwSX0i0FmIWW8y+6g6ahiCdhWPrypT/ecEtFYG/cU0qH6eyJnibW9JHTJhGHHTnoD8T+vmWF80sqFSjMExUeL4kxS1HRQEI2EAY6y5wjjRri/Ut5hhnF0NRZdCdXJk6dJ/bByWvGvjspnu+M2CmSb7JB9UiXH5IxckBqpE04eyTN5JW/ek/fivXsfo+iMN57ZIn/gff4AYjid+g==</latexit><latexit sha1_base64="wik18YJ7yD2ssTCBe+BjBm2KEL4=">AAACEnicbVC7SgNBFJ31GeMramkzGAWxCBsR1E6wsbCIYIyQDWF29q4ZMjuzzNwVw5J/sPFXbCxUbK3s/Bsnj0ITDwwczjmXO/eEqRQWff/bm5mdm19YLCwVl1dW19ZLG5s3VmeGQ51rqc1tyCxIoaCOAiXcpgZYEkpohN3zgd+4B2OFVtfYS6GVsDslYsEZOqldOgi0swfTtEYDGiA8YBjn50xFImII9FKPorbfLpX9ij8EnSbVMSmTMWrt0lcQaZ4loJBLZm2z6qfYyplBwSX0i0FmIWW8y+6g6ahiCdhWPrypT/ecEtFYG/cU0qH6eyJnibW9JHTJhGHHTnoD8T+vmWF80sqFSjMExUeL4kxS1HRQEI2EAY6y5wjjRri/Ut5hhnF0NRZdCdXJk6dJ/bByWvGvjspnu+M2CmSb7JB9UiXH5IxckBqpE04eyTN5JW/ek/fivXsfo+iMN57ZIn/gff4AYjid+g==</latexit>

P Candidate Locations
<latexit sha1_base64="h67TQmSqkAyeu6RzRs2raLDF+nY=">AAACCHicbVC7SgNBFJ2NrxhfUUubwShYhY0IahdIY2ERwTWBJITZ2bvJkNnZZeauGJa0Nv6KjYWKrZ9g5984eRSaeGDgcM653LnHT6Qw6LrfTm5peWV1Lb9e2Njc2t4p7u7dmTjVHDwey1g3fWZACgUeCpTQTDSwyJfQ8Ae1sd+4B21ErG5xmEAnYj0lQsEZWqlbpHXapm2EB/TDrMZUIAKGQK/jacCMusWSW3YnoIukMiMlMkO9W/xqBzFPI1DIJTOmVXET7GRMo+ASRoV2aiBhfMB60LJUsQhMJ5tcMqLHVgloGGv7FNKJ+nsiY5Exw8i3yYhh38x7Y/E/r5VieNHJhEpSBMWni8JUUozpuBYaCA0c5dASxrWwf6W8zzTjaMsr2BIq8ycvEu+0fFl2b85K1aNZG3lyQA7JCamQc1IlV6ROPMLJI3kmr+TNeXJenHfnYxrNObOZffIHzucPgpSZtg==</latexit><latexit sha1_base64="h67TQmSqkAyeu6RzRs2raLDF+nY=">AAACCHicbVC7SgNBFJ2NrxhfUUubwShYhY0IahdIY2ERwTWBJITZ2bvJkNnZZeauGJa0Nv6KjYWKrZ9g5984eRSaeGDgcM653LnHT6Qw6LrfTm5peWV1Lb9e2Njc2t4p7u7dmTjVHDwey1g3fWZACgUeCpTQTDSwyJfQ8Ae1sd+4B21ErG5xmEAnYj0lQsEZWqlbpHXapm2EB/TDrMZUIAKGQK/jacCMusWSW3YnoIukMiMlMkO9W/xqBzFPI1DIJTOmVXET7GRMo+ASRoV2aiBhfMB60LJUsQhMJ5tcMqLHVgloGGv7FNKJ+nsiY5Exw8i3yYhh38x7Y/E/r5VieNHJhEpSBMWni8JUUozpuBYaCA0c5dASxrWwf6W8zzTjaMsr2BIq8ycvEu+0fFl2b85K1aNZG3lyQA7JCamQc1IlV6ROPMLJI3kmr+TNeXJenHfnYxrNObOZffIHzucPgpSZtg==</latexit><latexit sha1_base64="h67TQmSqkAyeu6RzRs2raLDF+nY=">AAACCHicbVC7SgNBFJ2NrxhfUUubwShYhY0IahdIY2ERwTWBJITZ2bvJkNnZZeauGJa0Nv6KjYWKrZ9g5984eRSaeGDgcM653LnHT6Qw6LrfTm5peWV1Lb9e2Njc2t4p7u7dmTjVHDwey1g3fWZACgUeCpTQTDSwyJfQ8Ae1sd+4B21ErG5xmEAnYj0lQsEZWqlbpHXapm2EB/TDrMZUIAKGQK/jacCMusWSW3YnoIukMiMlMkO9W/xqBzFPI1DIJTOmVXET7GRMo+ASRoV2aiBhfMB60LJUsQhMJ5tcMqLHVgloGGv7FNKJ+nsiY5Exw8i3yYhh38x7Y/E/r5VieNHJhEpSBMWni8JUUozpuBYaCA0c5dASxrWwf6W8zzTjaMsr2BIq8ycvEu+0fFl2b85K1aNZG3lyQA7JCamQc1IlV6ROPMLJI3kmr+TNeXJenHfnYxrNObOZffIHzucPgpSZtg==</latexit>

Location Popularity

Q Reference Trajectories
<latexit sha1_base64="eHUBzQXzN+Fxul7UXl/s2EDX7OY=">AAACDHicbVC7TgJBFJ31ifhatbSZCCZWZDEmakdiYwmGFRIgZHa4CyOzj8zcNZINP2Djr9hYqLH1A+z8GwfYQsGTTHJyzr25c44XS6HRcb6tpeWV1bX13EZ+c2t7Z9fe27/VUaI4uDySkWp6TIMUIbgoUEIzVsACT0LDG15N/MY9KC2isI6jGDoB64fCF5yhkbp2kdZom7YRHtDz0xvwQUHIgdYVuwOOkRKgx1274JScKegiKWekQDJUu/ZXuxfxJIAQuWRat8pOjJ2UKRRcwjjfTjTEjA9ZH1qGhiwA3Umnacb02Cg96kfKvBDpVP29kbJA61HgmcmA4UDPexPxP6+VoH/RSUUYJ2gyzg75iaQY0Uk1tCeUiSxHhjCuhPkr5QOmGEdTYN6UUJ6PvEjc09JlyamdFSrFrI0cOSRH5ISUyTmpkGtSJS7h5JE8k1fyZj1ZL9a79TEbXbKynQPyB9bnD3jEm1Q=</latexit><latexit sha1_base64="eHUBzQXzN+Fxul7UXl/s2EDX7OY=">AAACDHicbVC7TgJBFJ31ifhatbSZCCZWZDEmakdiYwmGFRIgZHa4CyOzj8zcNZINP2Djr9hYqLH1A+z8GwfYQsGTTHJyzr25c44XS6HRcb6tpeWV1bX13EZ+c2t7Z9fe27/VUaI4uDySkWp6TIMUIbgoUEIzVsACT0LDG15N/MY9KC2isI6jGDoB64fCF5yhkbp2kdZom7YRHtDz0xvwQUHIgdYVuwOOkRKgx1274JScKegiKWekQDJUu/ZXuxfxJIAQuWRat8pOjJ2UKRRcwjjfTjTEjA9ZH1qGhiwA3Umnacb02Cg96kfKvBDpVP29kbJA61HgmcmA4UDPexPxP6+VoH/RSUUYJ2gyzg75iaQY0Uk1tCeUiSxHhjCuhPkr5QOmGEdTYN6UUJ6PvEjc09JlyamdFSrFrI0cOSRH5ISUyTmpkGtSJS7h5JE8k1fyZj1ZL9a79TEbXbKynQPyB9bnD3jEm1Q=</latexit><latexit sha1_base64="eHUBzQXzN+Fxul7UXl/s2EDX7OY=">AAACDHicbVC7TgJBFJ31ifhatbSZCCZWZDEmakdiYwmGFRIgZHa4CyOzj8zcNZINP2Djr9hYqLH1A+z8GwfYQsGTTHJyzr25c44XS6HRcb6tpeWV1bX13EZ+c2t7Z9fe27/VUaI4uDySkWp6TIMUIbgoUEIzVsACT0LDG15N/MY9KC2isI6jGDoB64fCF5yhkbp2kdZom7YRHtDz0xvwQUHIgdYVuwOOkRKgx1274JScKegiKWekQDJUu/ZXuxfxJIAQuWRat8pOjJ2UKRRcwjjfTjTEjA9ZH1qGhiwA3Umnacb02Cg96kfKvBDpVP29kbJA61HgmcmA4UDPexPxP6+VoH/RSUUYJ2gyzg75iaQY0Uk1tCeUiSxHhjCuhPkr5QOmGEdTYN6UUJ6PvEjc09JlyamdFSrFrI0cOSRH5ISUyTmpkGtSJS7h5JE8k1fyZj1ZL9a79TEbXbKynQPyB9bnD3jEm1Q=</latexit>

Q Reference Trajectories
<latexit sha1_base64="G5EIDAdbYYDSnwTwErEt8jO3b6o=">AAACFnicbVC7SgNBFJ2NrxhfUUubwShYhY0IahewsUwkMYFsCLOTu8mY2Z1l5q4YlvyFjb9iY6FiK3b+jZNHoYkHBg7n3Mudc/xYCoOu++1klpZXVtey67mNza3tnfzu3q1RieZQ50oq3fSZASkiqKNACc1YAwt9CQ1/cDX2G/egjVBRDYcxtEPWi0QgOEMrdfJFT1l7vJ1WR9SjHsID+kF6AwFoiDjQmmZ3wFFpAWbUyRfcojsBXSSlGSmQGSqd/JfXVTwJIUIumTGtkhtjO2UaBZcwynmJgZjxAetBy9KIhWDa6STXiB5bpUsDpe2LkE7U3xspC40Zhr6dDBn2zbw3Fv/zWgkGF+1URHGCNuP0UJBIioqOS6JdoW1kObSEcS3sXynvM8042ipztoTSfORFUj8tXhbd6lmhfDRrI0sOyCE5ISVyTsrkmlRInXDySJ7JK3lznpwX5935mI5mnNnOPvkD5/MHl8agUA==</latexit><latexit sha1_base64="G5EIDAdbYYDSnwTwErEt8jO3b6o=">AAACFnicbVC7SgNBFJ2NrxhfUUubwShYhY0IahewsUwkMYFsCLOTu8mY2Z1l5q4YlvyFjb9iY6FiK3b+jZNHoYkHBg7n3Mudc/xYCoOu++1klpZXVtey67mNza3tnfzu3q1RieZQ50oq3fSZASkiqKNACc1YAwt9CQ1/cDX2G/egjVBRDYcxtEPWi0QgOEMrdfJFT1l7vJ1WR9SjHsID+kF6AwFoiDjQmmZ3wFFpAWbUyRfcojsBXSSlGSmQGSqd/JfXVTwJIUIumTGtkhtjO2UaBZcwynmJgZjxAetBy9KIhWDa6STXiB5bpUsDpe2LkE7U3xspC40Zhr6dDBn2zbw3Fv/zWgkGF+1URHGCNuP0UJBIioqOS6JdoW1kObSEcS3sXynvM8042ipztoTSfORFUj8tXhbd6lmhfDRrI0sOyCE5ISVyTsrkmlRInXDySJ7JK3lznpwX5935mI5mnNnOPvkD5/MHl8agUA==</latexit><latexit sha1_base64="G5EIDAdbYYDSnwTwErEt8jO3b6o=">AAACFnicbVC7SgNBFJ2NrxhfUUubwShYhY0IahewsUwkMYFsCLOTu8mY2Z1l5q4YlvyFjb9iY6FiK3b+jZNHoYkHBg7n3Mudc/xYCoOu++1klpZXVtey67mNza3tnfzu3q1RieZQ50oq3fSZASkiqKNACc1YAwt9CQ1/cDX2G/egjVBRDYcxtEPWi0QgOEMrdfJFT1l7vJ1WR9SjHsID+kF6AwFoiDjQmmZ3wFFpAWbUyRfcojsBXSSlGSmQGSqd/JfXVTwJIUIumTGtkhtjO2UaBZcwynmJgZjxAetBy9KIhWDa6STXiB5bpUsDpe2LkE7U3xspC40Zhr6dDBn2zbw3Fv/zWgkGF+1URHGCNuP0UJBIioqOS6JdoW1kObSEcS3sXynvM8042ipztoTSfORFUj8tXhbd6lmhfDRrI0sOyCE5ISVyTsrkmlRInXDySJ7JK3lznpwX5935mI5mnNnOPvkD5/MHl8agUA==</latexit>

l1
<latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit>

l2
<latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit>

l3
<latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit><latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit><latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit>

l1
<latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit>

Popularity Weights of La
u

<latexit sha1_base64="dNfM91gPDSvab9M/Pi8r1E3DlVc=">AAACGnicbVA9SwNBFNzzM8avqKXNYhSswkUEtQvYWFhEMCaQi2Fv8y5Z3Ls9dt+J4bj/YeNfsbFQsRMb/417SQpNHFgYZubx9o0fS2HQdb+dufmFxaXlwkpxdW19Y7O0tX1jVKI5NLiSSrd8ZkCKCBooUEIr1sBCX0LTvzvP/eY9aCNUdI3DGDoh60ciEJyhlbqlIw/hAf0gras4kUwLHNImiP4ADVWBRzOaeiHDgU1cZt3klmXFbqnsVtwR6CypTkiZTFDvlj69nuJJCBFyyYxpV90YOynTKLiErOglBmLG71gf2pZGLATTSUe3ZfTAKj0aKG1fhHSk/p5IWWjMMPRtMv+nmfZy8T+vnWBw2klFFCcIER8vChJJUdG8KNoTGjjKoSWM214Ep3zANONo68xLqE6fPEsaR5Wzint1XK7tT9ookF2yRw5JlZyQGrkgddIgnDySZ/JK3pwn58V5dz7G0TlnMrND/sD5+gE/YKGh</latexit><latexit sha1_base64="dNfM91gPDSvab9M/Pi8r1E3DlVc=">AAACGnicbVA9SwNBFNzzM8avqKXNYhSswkUEtQvYWFhEMCaQi2Fv8y5Z3Ls9dt+J4bj/YeNfsbFQsRMb/417SQpNHFgYZubx9o0fS2HQdb+dufmFxaXlwkpxdW19Y7O0tX1jVKI5NLiSSrd8ZkCKCBooUEIr1sBCX0LTvzvP/eY9aCNUdI3DGDoh60ciEJyhlbqlIw/hAf0gras4kUwLHNImiP4ADVWBRzOaeiHDgU1cZt3klmXFbqnsVtwR6CypTkiZTFDvlj69nuJJCBFyyYxpV90YOynTKLiErOglBmLG71gf2pZGLATTSUe3ZfTAKj0aKG1fhHSk/p5IWWjMMPRtMv+nmfZy8T+vnWBw2klFFCcIER8vChJJUdG8KNoTGjjKoSWM214Ep3zANONo68xLqE6fPEsaR5Wzint1XK7tT9ookF2yRw5JlZyQGrkgddIgnDySZ/JK3pwn58V5dz7G0TlnMrND/sD5+gE/YKGh</latexit><latexit sha1_base64="dNfM91gPDSvab9M/Pi8r1E3DlVc=">AAACGnicbVA9SwNBFNzzM8avqKXNYhSswkUEtQvYWFhEMCaQi2Fv8y5Z3Ls9dt+J4bj/YeNfsbFQsRMb/417SQpNHFgYZubx9o0fS2HQdb+dufmFxaXlwkpxdW19Y7O0tX1jVKI5NLiSSrd8ZkCKCBooUEIr1sBCX0LTvzvP/eY9aCNUdI3DGDoh60ciEJyhlbqlIw/hAf0gras4kUwLHNImiP4ADVWBRzOaeiHDgU1cZt3klmXFbqnsVtwR6CypTkiZTFDvlj69nuJJCBFyyYxpV90YOynTKLiErOglBmLG71gf2pZGLATTSUe3ZfTAKj0aKG1fhHSk/p5IWWjMMPRtMv+nmfZy8T+vnWBw2klFFCcIER8vChJJUdG8KNoTGjjKoSWM214Ep3zANONo68xLqE6fPEsaR5Wzint1XK7tT9ookF2yRw5JlZyQGrkgddIgnDySZ/JK3pwn58V5dz7G0TlnMrND/sD5+gE/YKGh</latexit>

Z Records Embeddings
<latexit sha1_base64="KNgcTJ9atkhXOqFOxaDlScs8XSw=">AAACCHicbVBNS8NAEN34WetX1aOXxSp4KokI6q0ggscqxhabUjabSbt0swm7E7GEXr34V7x4UPHqT/DmvzH9OGjrg4HHezPMzPMTKQza9rc1N7+wuLRcWCmurq1vbJa2tm9NnGoOLo9lrBs+MyCFAhcFSmgkGljkS6j7vfOhX78HbUSsbrCfQCtiHSVCwRnmUrtE76hHPYQH9MPsGnisA0MvIh+CQKiOGRTbpbJdsUegs8SZkDKZoNYufXlBzNMIFHLJjGk6doKtjGkUXMKg6KUGEsZ7rAPNnCoWgWllo08G9CBXAhrGOi+FdKT+nshYZEw/8vPOiGHXTHtD8T+vmWJ42sqESlIExceLwlRSjOkwFhoIDRxlPyeMa5HfSnmXacYxD28YgjP98ixxjypnFfvquFzdn6RRILtkjxwSh5yQKrkkNeISTh7JM3klb9aT9WK9Wx/j1jlrMrND/sD6/AEKPJll</latexit><latexit sha1_base64="KNgcTJ9atkhXOqFOxaDlScs8XSw=">AAACCHicbVBNS8NAEN34WetX1aOXxSp4KokI6q0ggscqxhabUjabSbt0swm7E7GEXr34V7x4UPHqT/DmvzH9OGjrg4HHezPMzPMTKQza9rc1N7+wuLRcWCmurq1vbJa2tm9NnGoOLo9lrBs+MyCFAhcFSmgkGljkS6j7vfOhX78HbUSsbrCfQCtiHSVCwRnmUrtE76hHPYQH9MPsGnisA0MvIh+CQKiOGRTbpbJdsUegs8SZkDKZoNYufXlBzNMIFHLJjGk6doKtjGkUXMKg6KUGEsZ7rAPNnCoWgWllo08G9CBXAhrGOi+FdKT+nshYZEw/8vPOiGHXTHtD8T+vmWJ42sqESlIExceLwlRSjOkwFhoIDRxlPyeMa5HfSnmXacYxD28YgjP98ixxjypnFfvquFzdn6RRILtkjxwSh5yQKrkkNeISTh7JM3klb9aT9WK9Wx/j1jlrMrND/sD6/AEKPJll</latexit><latexit sha1_base64="KNgcTJ9atkhXOqFOxaDlScs8XSw=">AAACCHicbVBNS8NAEN34WetX1aOXxSp4KokI6q0ggscqxhabUjabSbt0swm7E7GEXr34V7x4UPHqT/DmvzH9OGjrg4HHezPMzPMTKQza9rc1N7+wuLRcWCmurq1vbJa2tm9NnGoOLo9lrBs+MyCFAhcFSmgkGljkS6j7vfOhX78HbUSsbrCfQCtiHSVCwRnmUrtE76hHPYQH9MPsGnisA0MvIh+CQKiOGRTbpbJdsUegs8SZkDKZoNYufXlBzNMIFHLJjGk6doKtjGkUXMKg6KUGEsZ7rAPNnCoWgWllo08G9CBXAhrGOi+FdKT+nshYZEw/8vPOiGHXTHtD8T+vmWJ42sqESlIExceLwlRSjOkwFhoIDRxlPyeMa5HfSnmXacYxD28YgjP98ixxjypnFfvquFzdn6RRILtkjxwSh5yQKrkkNeISTh7JM3klb9aT9WK9Wx/j1jlrMrND/sD6/AEKPJll</latexit>

����� l1
<latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit>

l2
<latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit>

l2
<latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit>

l1
<latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit>

l3
<latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit><latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit><latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit>

Probabilities over La
u

<latexit sha1_base64="yhYMGv43TvTtbRTcJpM4Lnc2ic8=">AAACGHicbVDLSsNAFJ34tr6iLt0MVsFVSUVQd4IbFy4qGCs0sUymN+3gJBNmbsQS8htu/BU3LlTcduffOKld+DowcDjnHu7cE2VSGPS8D2dqemZ2bn5hsba0vLK65q5vXBmVaw4+V1Lp64gZkCIFHwVKuM40sCSS0I5uTyu/fQfaCJVe4jCDMGH9VMSCM7RS1/UChHuM4qKlVcQiIQUKMFTZDA1oSYsgYTiw/nnZzW9YWeu6da/hjUH/kuaE1MkEra47CnqK5wmkyCUzptP0MgwLplFwCWUtyA1kjN+yPnQsTVkCJizGl5V01yo9GittX4p0rH5PFCwxZphEdrL6p/ntVeJ/XifH+CgsRJrlCCn/WhTnkqKiVU20JzRwlENLGNe2FE75gGnG0ZZZldD8ffJf4u83jhvexUH9ZGfSxgLZIttkjzTJITkhZ6RFfMLJA3kiL+TVeXSenTfn/Wt0yplkNskPOKNPcpCgqQ==</latexit><latexit sha1_base64="yhYMGv43TvTtbRTcJpM4Lnc2ic8=">AAACGHicbVDLSsNAFJ34tr6iLt0MVsFVSUVQd4IbFy4qGCs0sUymN+3gJBNmbsQS8htu/BU3LlTcduffOKld+DowcDjnHu7cE2VSGPS8D2dqemZ2bn5hsba0vLK65q5vXBmVaw4+V1Lp64gZkCIFHwVKuM40sCSS0I5uTyu/fQfaCJVe4jCDMGH9VMSCM7RS1/UChHuM4qKlVcQiIQUKMFTZDA1oSYsgYTiw/nnZzW9YWeu6da/hjUH/kuaE1MkEra47CnqK5wmkyCUzptP0MgwLplFwCWUtyA1kjN+yPnQsTVkCJizGl5V01yo9GittX4p0rH5PFCwxZphEdrL6p/ntVeJ/XifH+CgsRJrlCCn/WhTnkqKiVU20JzRwlENLGNe2FE75gGnG0ZZZldD8ffJf4u83jhvexUH9ZGfSxgLZIttkjzTJITkhZ6RFfMLJA3kiL+TVeXSenTfn/Wt0yplkNskPOKNPcpCgqQ==</latexit><latexit sha1_base64="yhYMGv43TvTtbRTcJpM4Lnc2ic8=">AAACGHicbVDLSsNAFJ34tr6iLt0MVsFVSUVQd4IbFy4qGCs0sUymN+3gJBNmbsQS8htu/BU3LlTcduffOKld+DowcDjnHu7cE2VSGPS8D2dqemZ2bn5hsba0vLK65q5vXBmVaw4+V1Lp64gZkCIFHwVKuM40sCSS0I5uTyu/fQfaCJVe4jCDMGH9VMSCM7RS1/UChHuM4qKlVcQiIQUKMFTZDA1oSYsgYTiw/nnZzW9YWeu6da/hjUH/kuaE1MkEra47CnqK5wmkyCUzptP0MgwLplFwCWUtyA1kjN+yPnQsTVkCJizGl5V01yo9GittX4p0rH5PFCwxZphEdrL6p/ntVeJ/XifH+CgsRJrlCCn/WhTnkqKiVU20JzRwlENLGNe2FE75gGnG0ZZZldD8ffJf4u83jhvexUH9ZGfSxgLZIttkjzTJITkhZ6RFfMLJA3kiL+TVeXSenTfn/Wt0yplkNskPOKNPcpCgqQ==</latexit>

l̂ = argmax P (l | Au,L
a
u,T

a
u)

<latexit sha1_base64="0fVBQjVFCgpH/Tl46j0jZKMkjz4="></latexit><latexit sha1_base64="Iqn2LBxNOc0RHStnscc7zk7vzjA="></latexit><latexit sha1_base64="Iqn2LBxNOc0RHStnscc7zk7vzjA="></latexit>

l 2 {l1, l2, l3}
<latexit sha1_base64="qopwR/gH1VECdCpNJ3T+Ar75+Fk=">AAAB/3icbVA9SwNBEJ2LXzF+nVoo2CwGwULCXSzUyoCNZQRjArnj2NtskiV7e8funhCPNP4VGwsVW/+GnX9ELN1LLDTxwQyP92bYnRcmnCntOB9WYW5+YXGpuFxaWV1b37A3t25UnEpCGyTmsWyFWFHOBG1opjltJZLiKOS0GQ4ucr95S6VisbjWw4T6Ee4J1mUEayMF9g5HHhPIy3jgHiEeVPN27I0Cu+xUnDHQLHF/SPn86+6zBgD1wH73OjFJIyo04Viptusk2s+w1IxwOip5qaIJJgPco21DBY6o8rPxASN0YJQO6sbSlNBorP7eyHCk1DAKzWSEdV9Ne7n4n9dOdffUz5hIUk0FmTzUTTnSMcrTQB0mKdF8aAgmkpm/ItLHEhNtMiuZENzpk2dJo1o5qzhXTrm2CxMUYQ/24RBcOIEaXEIdGkBgBA/wBM/WvfVovVivk9GC9bOzDX9gvX0DMtCXOw==</latexit><latexit sha1_base64="zyNZqGtp4Osb+NaGdRVrvryXoQE=">AAAB/3icbVC7TsMwFHXKq5RXgAEkFosKiQFVSRmAiUosjEUitFITIsd1WquOE9kOUomy8B9MLAyAWPkNNn4EMeK0HaBwpHt1dM69su8JEkalsqwPozQzOze/UF6sLC2vrK6Z6xtXMk4FJg6OWSzaAZKEUU4cRRUj7UQQFAWMtILBWeG3boiQNOaXapgQL0I9TkOKkdKSb24x6FIO3Yz59gFkfr1oh27um1WrZo0A/xJ7QqqnX7efDXx/3fTNd7cb4zQiXGGGpOzYVqK8DAlFMSN5xU0lSRAeoB7paMpRRKSXjQ7I4Z5WujCMhS6u4Ej9uZGhSMphFOjJCKm+nPYK8T+vk6rw2MsoT1JFOB4/FKYMqhgWacAuFQQrNtQEYUH1XyHuI4Gw0plVdAj29Ml/iVOvndSsC6va2AZjlMEO2AX7wAZHoAHOQRM4AIMcPIAn8GzcGY/Gi/E6Hi0Zk51N8AvG2zcFKZiZ</latexit><latexit sha1_base64="zyNZqGtp4Osb+NaGdRVrvryXoQE=">AAAB/3icbVC7TsMwFHXKq5RXgAEkFosKiQFVSRmAiUosjEUitFITIsd1WquOE9kOUomy8B9MLAyAWPkNNn4EMeK0HaBwpHt1dM69su8JEkalsqwPozQzOze/UF6sLC2vrK6Z6xtXMk4FJg6OWSzaAZKEUU4cRRUj7UQQFAWMtILBWeG3boiQNOaXapgQL0I9TkOKkdKSb24x6FIO3Yz59gFkfr1oh27um1WrZo0A/xJ7QqqnX7efDXx/3fTNd7cb4zQiXGGGpOzYVqK8DAlFMSN5xU0lSRAeoB7paMpRRKSXjQ7I4Z5WujCMhS6u4Ej9uZGhSMphFOjJCKm+nPYK8T+vk6rw2MsoT1JFOB4/FKYMqhgWacAuFQQrNtQEYUH1XyHuI4Gw0plVdAj29Ml/iVOvndSsC6va2AZjlMEO2AX7wAZHoAHOQRM4AIMcPIAn8GzcGY/Gi/E6Hi0Zk51N8AvG2zcFKZiZ</latexit>

  ���

Va
u

<latexit sha1_base64="UWRxqdUKPHdbmRUfD0BMVzEU3b4=">AAAB9HicbVBNSwMxFHzrZ61fVY9eglXwVHZFUG8FLx4ruG2h3ZZsmm1Ds8mSZJWy9H948aDi1R/jzX9jtt2Dtg4Ehpn3eJMJE860cd1vZ2V1bX1js7RV3t7Z3duvHBw2tUwVoT6RXKp2iDXlTFDfMMNpO1EUxyGnrXB8m/utR6o0k+LBTBIaxHgoWMQINlbqdWNsRmGUNaf9tIf7lapbc2dAy8QrSBUKNPqVr+5AkjSmwhCOte54bmKCDCvDCKfTcjfVNMFkjIe0Y6nAMdVBNks9RWdWGaBIKvuEQTP190aGY60ncWgn85R60cvF/7xOaqLrIGMiSQ0VZH4oSjkyEuUVoAFTlBg+sQQTxWxWREZYYWJsUWVbgrf45WXiX9Ruau79ZbV+WrRRgmM4gXPw4ArqcAcN8IGAgmd4hTfnyXlx3p2P+eiKU+wcwR84nz8zC5Jq</latexit><latexit sha1_base64="UWRxqdUKPHdbmRUfD0BMVzEU3b4=">AAAB9HicbVBNSwMxFHzrZ61fVY9eglXwVHZFUG8FLx4ruG2h3ZZsmm1Ds8mSZJWy9H948aDi1R/jzX9jtt2Dtg4Ehpn3eJMJE860cd1vZ2V1bX1js7RV3t7Z3duvHBw2tUwVoT6RXKp2iDXlTFDfMMNpO1EUxyGnrXB8m/utR6o0k+LBTBIaxHgoWMQINlbqdWNsRmGUNaf9tIf7lapbc2dAy8QrSBUKNPqVr+5AkjSmwhCOte54bmKCDCvDCKfTcjfVNMFkjIe0Y6nAMdVBNks9RWdWGaBIKvuEQTP190aGY60ncWgn85R60cvF/7xOaqLrIGMiSQ0VZH4oSjkyEuUVoAFTlBg+sQQTxWxWREZYYWJsUWVbgrf45WXiX9Ruau79ZbV+WrRRgmM4gXPw4ArqcAcN8IGAgmd4hTfnyXlx3p2P+eiKU+wcwR84nz8zC5Jq</latexit><latexit sha1_base64="UWRxqdUKPHdbmRUfD0BMVzEU3b4=">AAAB9HicbVBNSwMxFHzrZ61fVY9eglXwVHZFUG8FLx4ruG2h3ZZsmm1Ds8mSZJWy9H948aDi1R/jzX9jtt2Dtg4Ehpn3eJMJE860cd1vZ2V1bX1js7RV3t7Z3duvHBw2tUwVoT6RXKp2iDXlTFDfMMNpO1EUxyGnrXB8m/utR6o0k+LBTBIaxHgoWMQINlbqdWNsRmGUNaf9tIf7lapbc2dAy8QrSBUKNPqVr+5AkjSmwhCOte54bmKCDCvDCKfTcjfVNMFkjIe0Y6nAMdVBNks9RWdWGaBIKvuEQTP190aGY60ncWgn85R60cvF/7xOaqLrIGMiSQ0VZH4oSjkyEuUVoAFTlBg+sQQTxWxWREZYYWJsUWVbgrf45WXiX9Ruau79ZbV+WrRRgmM4gXPw4ArqcAcN8IGAgmd4hTfnyXlx3p2P+eiKU+wcwR84nz8zC5Jq</latexit>

rA Embedding
<latexit sha1_base64="7g8SVARzD7+oNwzg2jPfpPj/N5I=">AAACAXicbVBNS8NAEN34WetX1JN4WayCp5KKoN4qInisYG2hKWWzmbRLN5uwOxFLKF78K148qHj1X3jz35i2OWjrg4HHezPMzPNiKQw6zrc1N7+wuLRcWCmurq1vbNpb23cmSjSHOo9kpJseMyCFgjoKlNCMNbDQk9Dw+pcjv3EP2ohI3eIghnbIukoEgjPMpI69qzsX1KUuwgN6QXoVeuD7QnWHxY5dcsrOGHSWVHJSIjlqHfvL9SOehKCQS2ZMq+LE2E6ZRsElDItuYiBmvM+60MqoYiGYdjp+YUgPM8WnQaSzUkjH6u+JlIXGDEIv6wwZ9sy0NxL/81oJBmftVKg4QVB8sihIJMWIjvKgvtDAUQ4ywrgW2a2U95hmHLPURiFUpl+eJfXj8nnZuTkpVQ/yNApkj+yTI1Ihp6RKrkmN1Aknj+SZvJI368l6sd6tj0nrnJXP7JA/sD5/ALEnlnI=</latexit><latexit sha1_base64="7g8SVARzD7+oNwzg2jPfpPj/N5I=">AAACAXicbVBNS8NAEN34WetX1JN4WayCp5KKoN4qInisYG2hKWWzmbRLN5uwOxFLKF78K148qHj1X3jz35i2OWjrg4HHezPMzPNiKQw6zrc1N7+wuLRcWCmurq1vbNpb23cmSjSHOo9kpJseMyCFgjoKlNCMNbDQk9Dw+pcjv3EP2ohI3eIghnbIukoEgjPMpI69qzsX1KUuwgN6QXoVeuD7QnWHxY5dcsrOGHSWVHJSIjlqHfvL9SOehKCQS2ZMq+LE2E6ZRsElDItuYiBmvM+60MqoYiGYdjp+YUgPM8WnQaSzUkjH6u+JlIXGDEIv6wwZ9sy0NxL/81oJBmftVKg4QVB8sihIJMWIjvKgvtDAUQ4ywrgW2a2U95hmHLPURiFUpl+eJfXj8nnZuTkpVQ/yNApkj+yTI1Ihp6RKrkmN1Aknj+SZvJI368l6sd6tj0nrnJXP7JA/sD5/ALEnlnI=</latexit><latexit sha1_base64="7g8SVARzD7+oNwzg2jPfpPj/N5I=">AAACAXicbVBNS8NAEN34WetX1JN4WayCp5KKoN4qInisYG2hKWWzmbRLN5uwOxFLKF78K148qHj1X3jz35i2OWjrg4HHezPMzPNiKQw6zrc1N7+wuLRcWCmurq1vbNpb23cmSjSHOo9kpJseMyCFgjoKlNCMNbDQk9Dw+pcjv3EP2ohI3eIghnbIukoEgjPMpI69qzsX1KUuwgN6QXoVeuD7QnWHxY5dcsrOGHSWVHJSIjlqHfvL9SOehKCQS2ZMq+LE2E6ZRsElDItuYiBmvM+60MqoYiGYdjp+YUgPM8WnQaSzUkjH6u+JlIXGDEIv6wwZ9sy0NxL/81oJBmftVKg4QVB8sihIJMWIjvKgvtDAUQ4ywrgW2a2U95hmHLPURiFUpl+eJfXj8nnZuTkpVQ/yNApkj+yTI1Ihp6RKrkmN1Aknj+SZvJI368l6sd6tj0nrnJXP7JA/sD5/ALEnlnI=</latexit>

vA
<latexit sha1_base64="q0yMVifwIdzrA+NW5U8We7jPrpQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBVclUQEdVdx47KCsYUmlMl00g6dTMI8CiX0N9y4UHHr17jzb5y0WWjrgYHDOfdyz5wo40xp1/12VlbX1jc2K1vV7Z3dvf3aweGTSo0k1CcpT2UnwopyJqivmea0k0mKk4jTdjS6K/z2mErFUvGoJxkNEzwQLGYEaysFQYL1MIrz8bR326vV3YY7A1omXknqUKLVq30F/ZSYhApNOFaq67mZDnMsNSOcTquBUTTDZIQHtGupwAlVYT7LPEVnVumjOJX2CY1m6u+NHCdKTZLIThYZ1aJXiP95XaPj6zBnIjOaCjI/FBuOdIqKAlCfSUo0n1iCiWQ2KyJDLDHRtqaqLcFb/PIy8S8aNw334bLePC3bqMAxnMA5eHAFTbiHFvhAIINneIU3xzgvzrvzMR9dccqdI/gD5/MHoCKRgw==</latexit><latexit sha1_base64="q0yMVifwIdzrA+NW5U8We7jPrpQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBVclUQEdVdx47KCsYUmlMl00g6dTMI8CiX0N9y4UHHr17jzb5y0WWjrgYHDOfdyz5wo40xp1/12VlbX1jc2K1vV7Z3dvf3aweGTSo0k1CcpT2UnwopyJqivmea0k0mKk4jTdjS6K/z2mErFUvGoJxkNEzwQLGYEaysFQYL1MIrz8bR326vV3YY7A1omXknqUKLVq30F/ZSYhApNOFaq67mZDnMsNSOcTquBUTTDZIQHtGupwAlVYT7LPEVnVumjOJX2CY1m6u+NHCdKTZLIThYZ1aJXiP95XaPj6zBnIjOaCjI/FBuOdIqKAlCfSUo0n1iCiWQ2KyJDLDHRtqaqLcFb/PIy8S8aNw334bLePC3bqMAxnMA5eHAFTbiHFvhAIINneIU3xzgvzrvzMR9dccqdI/gD5/MHoCKRgw==</latexit><latexit sha1_base64="q0yMVifwIdzrA+NW5U8We7jPrpQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBVclUQEdVdx47KCsYUmlMl00g6dTMI8CiX0N9y4UHHr17jzb5y0WWjrgYHDOfdyz5wo40xp1/12VlbX1jc2K1vV7Z3dvf3aweGTSo0k1CcpT2UnwopyJqivmea0k0mKk4jTdjS6K/z2mErFUvGoJxkNEzwQLGYEaysFQYL1MIrz8bR326vV3YY7A1omXknqUKLVq30F/ZSYhApNOFaq67mZDnMsNSOcTquBUTTDZIQHtGupwAlVYT7LPEVnVumjOJX2CY1m6u+NHCdKTZLIThYZ1aJXiP95XaPj6zBnIjOaCjI/FBuOdIqKAlCfSUo0n1iCiWQ2KyJDLDHRtqaqLcFb/PIy8S8aNw334bLePC3bqMAxnMA5eHAFTbiHFvhAIINneIU3xzgvzrvzMR9dccqdI/gD5/MHoCKRgw==</latexit>

Ta
u

<latexit sha1_base64="/7v8S9V+aO878o8oySdrVHL5onk=">AAAB/HicbVDLSsNAFJ3UV62v+Ni5GayCq5KIoO4KblxWaGyhjWEynbRDJ5MwMxHqEPwVNy5U3Poh7vwbJ20W2npg4HDOvdwzJ0wZlcpxvq3K0vLK6lp1vbaxubW9Y+/u3ckkE5h4OGGJ6IZIEkY58RRVjHRTQVAcMtIJx9eF33kgQtKEt9UkJX6MhpxGFCNlpMA+0P0YqVEY6XYe6Cy/1yjPA7vuNJwp4CJxS1IHJVqB/dUfJDiLCVeYISl7rpMqXyOhKGYkr/UzSVKEx2hIeoZyFBPp62n6HJ4YZQCjRJjHFZyqvzc0iqWcxKGZLKLKea8Q//N6mYoufU15minC8exQlDGoElhUAQdUEKzYxBCEBTVZIR4hgbAyhdVMCe78lxeJd9a4aji35/XmcdlGFRyCI3AKXHABmuAGtIAHMHgEz+AVvFlP1ov1bn3MRitWubMP/sD6/AEWNJW9</latexit><latexit sha1_base64="/7v8S9V+aO878o8oySdrVHL5onk=">AAAB/HicbVDLSsNAFJ3UV62v+Ni5GayCq5KIoO4KblxWaGyhjWEynbRDJ5MwMxHqEPwVNy5U3Poh7vwbJ20W2npg4HDOvdwzJ0wZlcpxvq3K0vLK6lp1vbaxubW9Y+/u3ckkE5h4OGGJ6IZIEkY58RRVjHRTQVAcMtIJx9eF33kgQtKEt9UkJX6MhpxGFCNlpMA+0P0YqVEY6XYe6Cy/1yjPA7vuNJwp4CJxS1IHJVqB/dUfJDiLCVeYISl7rpMqXyOhKGYkr/UzSVKEx2hIeoZyFBPp62n6HJ4YZQCjRJjHFZyqvzc0iqWcxKGZLKLKea8Q//N6mYoufU15minC8exQlDGoElhUAQdUEKzYxBCEBTVZIR4hgbAyhdVMCe78lxeJd9a4aji35/XmcdlGFRyCI3AKXHABmuAGtIAHMHgEz+AVvFlP1ov1bn3MRitWubMP/sD6/AEWNJW9</latexit><latexit sha1_base64="/7v8S9V+aO878o8oySdrVHL5onk=">AAAB/HicbVDLSsNAFJ3UV62v+Ni5GayCq5KIoO4KblxWaGyhjWEynbRDJ5MwMxHqEPwVNy5U3Poh7vwbJ20W2npg4HDOvdwzJ0wZlcpxvq3K0vLK6lp1vbaxubW9Y+/u3ckkE5h4OGGJ6IZIEkY58RRVjHRTQVAcMtIJx9eF33kgQtKEt9UkJX6MhpxGFCNlpMA+0P0YqVEY6XYe6Cy/1yjPA7vuNJwp4CJxS1IHJVqB/dUfJDiLCVeYISl7rpMqXyOhKGYkr/UzSVKEx2hIeoZyFBPp62n6HJ4YZQCjRJjHFZyqvzc0iqWcxKGZLKLKea8Q//N6mYoufU15minC8exQlDGoElhUAQdUEKzYxBCEBTVZIR4hgbAyhdVMCe78lxeJd9a4aji35/XmcdlGFRyCI3AKXHABmuAGtIAHMHgEz+AVvFlP1ov1bn3MRitWubMP/sD6/AEWNJW9</latexit>

Va
u

<latexit sha1_base64="UWRxqdUKPHdbmRUfD0BMVzEU3b4=">AAAB9HicbVBNSwMxFHzrZ61fVY9eglXwVHZFUG8FLx4ruG2h3ZZsmm1Ds8mSZJWy9H948aDi1R/jzX9jtt2Dtg4Ehpn3eJMJE860cd1vZ2V1bX1js7RV3t7Z3duvHBw2tUwVoT6RXKp2iDXlTFDfMMNpO1EUxyGnrXB8m/utR6o0k+LBTBIaxHgoWMQINlbqdWNsRmGUNaf9tIf7lapbc2dAy8QrSBUKNPqVr+5AkjSmwhCOte54bmKCDCvDCKfTcjfVNMFkjIe0Y6nAMdVBNks9RWdWGaBIKvuEQTP190aGY60ncWgn85R60cvF/7xOaqLrIGMiSQ0VZH4oSjkyEuUVoAFTlBg+sQQTxWxWREZYYWJsUWVbgrf45WXiX9Ruau79ZbV+WrRRgmM4gXPw4ArqcAcN8IGAgmd4hTfnyXlx3p2P+eiKU+wcwR84nz8zC5Jq</latexit><latexit sha1_base64="UWRxqdUKPHdbmRUfD0BMVzEU3b4=">AAAB9HicbVBNSwMxFHzrZ61fVY9eglXwVHZFUG8FLx4ruG2h3ZZsmm1Ds8mSZJWy9H948aDi1R/jzX9jtt2Dtg4Ehpn3eJMJE860cd1vZ2V1bX1js7RV3t7Z3duvHBw2tUwVoT6RXKp2iDXlTFDfMMNpO1EUxyGnrXB8m/utR6o0k+LBTBIaxHgoWMQINlbqdWNsRmGUNaf9tIf7lapbc2dAy8QrSBUKNPqVr+5AkjSmwhCOte54bmKCDCvDCKfTcjfVNMFkjIe0Y6nAMdVBNks9RWdWGaBIKvuEQTP190aGY60ncWgn85R60cvF/7xOaqLrIGMiSQ0VZH4oSjkyEuUVoAFTlBg+sQQTxWxWREZYYWJsUWVbgrf45WXiX9Ruau79ZbV+WrRRgmM4gXPw4ArqcAcN8IGAgmd4hTfnyXlx3p2P+eiKU+wcwR84nz8zC5Jq</latexit><latexit sha1_base64="UWRxqdUKPHdbmRUfD0BMVzEU3b4=">AAAB9HicbVBNSwMxFHzrZ61fVY9eglXwVHZFUG8FLx4ruG2h3ZZsmm1Ds8mSZJWy9H948aDi1R/jzX9jtt2Dtg4Ehpn3eJMJE860cd1vZ2V1bX1js7RV3t7Z3duvHBw2tUwVoT6RXKp2iDXlTFDfMMNpO1EUxyGnrXB8m/utR6o0k+LBTBIaxHgoWMQINlbqdWNsRmGUNaf9tIf7lapbc2dAy8QrSBUKNPqVr+5AkjSmwhCOte54bmKCDCvDCKfTcjfVNMFkjIe0Y6nAMdVBNks9RWdWGaBIKvuEQTP190aGY60ncWgn85R60cvF/7xOaqLrIGMiSQ0VZH4oSjkyEuUVoAFTlBg+sQQTxWxWREZYYWJsUWVbgrf45WXiX9Ruau79ZbV+WrRRgmM4gXPw4ArqcAcN8IGAgmd4hTfnyXlx3p2P+eiKU+wcwR84nz8zC5Jq</latexit>

l1
<latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit><latexit sha1_base64="PjJRmvDjNBi7dY+EcTGueswgqR8=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LFbBU0lEUG8FLx4rGltoQ9lsJ+3SzSbsboQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ndLK6tr6RnmzsrW9s7tX3T941EmmGPosEYlqh1Sj4BJ9w43AdqqQxqHAVji6mfqtJ1SaJ/LBjFMMYjqQPOKMGivdi57Xq9bcujsDWSZeQWpQoNmrfnX7CctilIYJqnXHc1MT5FQZzgROKt1MY0rZiA6wY6mkMeogn506IadW6ZMoUbakITP190ROY63HcWg7Y2qGetGbiv95ncxEV0HOZZoZlGy+KMoEMQmZ/k36XCEzYmwJZYrbWwkbUkWZselUbAje4svLxD+vX9fdu4ta46RIowxHcAxn4MElNOAWmuADgwE8wyu8OcJ5cd6dj3lrySlmDuEPnM8fXeGNSQ==</latexit>

l2
<latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit>

l3
<latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit><latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit><latexit sha1_base64="JYlphqOPG0l3ZF6mefHEC4fNzeg=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0lVUG8FLx4rGFtoQ9lsJ+3S3U3Y3Qgl9C948aDi1V/kzX9j0uagrQ8GHu/NMDMviAU31nW/ndLK6tr6RnmzsrW9s7tX3T94NFGiGXosEpHuBNSg4Ao9y63ATqyRykBgOxjf5n77CbXhkXqwkxh9SYeKh5xRm0uif1HpV2tu3Z2BLJNGQWpQoNWvfvUGEUskKssENabbcGPrp1RbzgROK73EYEzZmA6xm1FFJRo/nd06JaeZMiBhpLNSlszU3xMplcZMZJB1SmpHZtHLxf+8bmLDaz/lKk4sKjZfFCaC2Ijkj5MB18ismGSEMs2zWwkbUU2ZzeLJQ2gsvrxMvPP6Td29v6w1T4o0ynAEx3AGDbiCJtxBCzxgMIJneIU3RzovzrvzMW8tOcXMIfyB8/kDleqNXw==</latexit> � ���

La
u

<latexit sha1_base64="VbuKyceAKvcv3Q4UX6jef24Jqn8=">AAAB/HicbVC7TsMwFHXKq5RXeGwsFgWJqUoQErBVYmFgKBKhldoQOa7TWnWcyHaQihXxKywMgFj5EDb+BqfNAC1HsnR0zr26xydMGZXKcb6tysLi0vJKdbW2tr6xuWVv79zJJBOYeDhhieiESBJGOfEUVYx0UkFQHDLSDkeXhd9+IELShN+qcUr8GA04jShGykiBvad7MVLDMNLXeaCz/F6jPA/sutNwJoDzxC1JHZRoBfZXr5/gLCZcYYak7LpOqnyNhKKYkbzWyyRJER6hAekaylFMpK8n6XN4ZJQ+jBJhHldwov7e0CiWchyHZrKIKme9QvzP62YqOvc15WmmCMfTQ1HGoEpgUQXsU0GwYmNDEBbUZIV4iATCyhRWMyW4s1+eJ95J46Lh3JzWm4dlG1WwDw7AMXDBGWiCK9ACHsDgETyDV/BmPVkv1rv1MR2tWOXOLvgD6/MHCcyVtQ==</latexit><latexit sha1_base64="VbuKyceAKvcv3Q4UX6jef24Jqn8=">AAAB/HicbVC7TsMwFHXKq5RXeGwsFgWJqUoQErBVYmFgKBKhldoQOa7TWnWcyHaQihXxKywMgFj5EDb+BqfNAC1HsnR0zr26xydMGZXKcb6tysLi0vJKdbW2tr6xuWVv79zJJBOYeDhhieiESBJGOfEUVYx0UkFQHDLSDkeXhd9+IELShN+qcUr8GA04jShGykiBvad7MVLDMNLXeaCz/F6jPA/sutNwJoDzxC1JHZRoBfZXr5/gLCZcYYak7LpOqnyNhKKYkbzWyyRJER6hAekaylFMpK8n6XN4ZJQ+jBJhHldwov7e0CiWchyHZrKIKme9QvzP62YqOvc15WmmCMfTQ1HGoEpgUQXsU0GwYmNDEBbUZIV4iATCyhRWMyW4s1+eJ95J46Lh3JzWm4dlG1WwDw7AMXDBGWiCK9ACHsDgETyDV/BmPVkv1rv1MR2tWOXOLvgD6/MHCcyVtQ==</latexit><latexit sha1_base64="VbuKyceAKvcv3Q4UX6jef24Jqn8=">AAAB/HicbVC7TsMwFHXKq5RXeGwsFgWJqUoQErBVYmFgKBKhldoQOa7TWnWcyHaQihXxKywMgFj5EDb+BqfNAC1HsnR0zr26xydMGZXKcb6tysLi0vJKdbW2tr6xuWVv79zJJBOYeDhhieiESBJGOfEUVYx0UkFQHDLSDkeXhd9+IELShN+qcUr8GA04jShGykiBvad7MVLDMNLXeaCz/F6jPA/sutNwJoDzxC1JHZRoBfZXr5/gLCZcYYak7LpOqnyNhKKYkbzWyyRJER6hAekaylFMpK8n6XN4ZJQ+jBJhHldwov7e0CiWchyHZrKIKme9QvzP62YqOvc15WmmCMfTQ1HGoEpgUQXsU0GwYmNDEBbUZIV4iATCyhRWMyW4s1+eJ95J46Lh3JzWm4dlG1WwDw7AMXDBGWiCK9ACHsDgETyDV/BmPVkv1rv1MR2tWOXOLvgD6/MHCcyVtQ==</latexit>

l2
<latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit><latexit sha1_base64="mJu7mxSQ9tBkvDiPbYpuhm2yp/s=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LFbBU0mLoN4KXjxWMLbQhrLZTtqlu5uwuxFK6F/w4kHFq7/Im//GpM1BWx8MPN6bYWZeEAturOt+O6W19Y3NrfJ2ZWd3b/+genj0aKJEM/RYJCLdDahBwRV6lluB3VgjlYHATjC5zf3OE2rDI/VgpzH6ko4UDzmjNpfEoFkZVGtu3Z2DrJJGQWpQoD2ofvWHEUskKssENabXcGPrp1RbzgTOKv3EYEzZhI6wl1FFJRo/nd86I+eZMiRhpLNSlszV3xMplcZMZZB1SmrHZtnLxf+8XmLDaz/lKk4sKrZYFCaC2Ijkj5Mh18ismGaEMs2zWwkbU02ZzeLJQ2gsv7xKvGb9pu7eX9ZaZ0UaZTiBU7iABlxBC+6gDR4wGMMzvMKbI50X5935WLSWnGLmGP7A+fwBlGaNXg==</latexit> vA

<latexit sha1_base64="q0yMVifwIdzrA+NW5U8We7jPrpQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBVclUQEdVdx47KCsYUmlMl00g6dTMI8CiX0N9y4UHHr17jzb5y0WWjrgYHDOfdyz5wo40xp1/12VlbX1jc2K1vV7Z3dvf3aweGTSo0k1CcpT2UnwopyJqivmea0k0mKk4jTdjS6K/z2mErFUvGoJxkNEzwQLGYEaysFQYL1MIrz8bR326vV3YY7A1omXknqUKLVq30F/ZSYhApNOFaq67mZDnMsNSOcTquBUTTDZIQHtGupwAlVYT7LPEVnVumjOJX2CY1m6u+NHCdKTZLIThYZ1aJXiP95XaPj6zBnIjOaCjI/FBuOdIqKAlCfSUo0n1iCiWQ2KyJDLDHRtqaqLcFb/PIy8S8aNw334bLePC3bqMAxnMA5eHAFTbiHFvhAIINneIU3xzgvzrvzMR9dccqdI/gD5/MHoCKRgw==</latexit><latexit sha1_base64="q0yMVifwIdzrA+NW5U8We7jPrpQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBVclUQEdVdx47KCsYUmlMl00g6dTMI8CiX0N9y4UHHr17jzb5y0WWjrgYHDOfdyz5wo40xp1/12VlbX1jc2K1vV7Z3dvf3aweGTSo0k1CcpT2UnwopyJqivmea0k0mKk4jTdjS6K/z2mErFUvGoJxkNEzwQLGYEaysFQYL1MIrz8bR326vV3YY7A1omXknqUKLVq30F/ZSYhApNOFaq67mZDnMsNSOcTquBUTTDZIQHtGupwAlVYT7LPEVnVumjOJX2CY1m6u+NHCdKTZLIThYZ1aJXiP95XaPj6zBnIjOaCjI/FBuOdIqKAlCfSUo0n1iCiWQ2KyJDLDHRtqaqLcFb/PIy8S8aNw334bLePC3bqMAxnMA5eHAFTbiHFvhAIINneIU3xzgvzrvzMR9dccqdI/gD5/MHoCKRgw==</latexit><latexit sha1_base64="q0yMVifwIdzrA+NW5U8We7jPrpQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBVclUQEdVdx47KCsYUmlMl00g6dTMI8CiX0N9y4UHHr17jzb5y0WWjrgYHDOfdyz5wo40xp1/12VlbX1jc2K1vV7Z3dvf3aweGTSo0k1CcpT2UnwopyJqivmea0k0mKk4jTdjS6K/z2mErFUvGoJxkNEzwQLGYEaysFQYL1MIrz8bR326vV3YY7A1omXknqUKLVq30F/ZSYhApNOFaq67mZDnMsNSOcTquBUTTDZIQHtGupwAlVYT7LPEVnVumjOJX2CY1m6u+NHCdKTZLIThYZ1aJXiP95XaPj6zBnIjOaCjI/FBuOdIqKAlCfSUo0n1iCiWQ2KyJDLDHRtqaqLcFb/PIy8S8aNw334bLePC3bqMAxnMA5eHAFTbiHFvhAIINneIU3xzgvzrvzMR9dccqdI/gD5/MHoCKRgw==</latexit>

Multi-factor Embedding

Estimated Location l̂
<latexit sha1_base64="LqHfqmkynD2D/zf4/RTBSNIc044=">AAACDHicbVDLSgNBEJz1GeNr1aOXwUTwFDYiqLeACB48RDAmkF3C7GxvMmT2wUyvGJb8gBd/xYsHFa9+gDf/xsnjoIkFDUVVN91dfiqFRsf5thYWl5ZXVgtrxfWNza1te2f3TieZ4tDgiUxUy2capIihgQIltFIFLPIlNP3+xchv3oPSIolvcZCCF7FuLELBGRqpY5ddhAf0w/xSo4gYQkCvk4np0iF1ewyp7Nglp+KMQedJdUpKZIp6x/5yg4RnEcTIJdO6XXVS9HKmUHAJw6KbaUgZ77MutA2NWQTay8ffDOmhUQIaJspUjHSs/p7IWaT1IPJNpzm4p2e9kfif184wPPNyEacZQswni8JMUkzoKBoaCAUc5cAQxpUwt1LeY4pxNAEWTQjV2ZfnSeO4cl5xbk5KtfI0jQLZJwfkiFTJKamRK1InDcLJI3kmr+TNerJerHfrY9K6YE1n9sgfWJ8/q12bYw==</latexit><latexit sha1_base64="LqHfqmkynD2D/zf4/RTBSNIc044=">AAACDHicbVDLSgNBEJz1GeNr1aOXwUTwFDYiqLeACB48RDAmkF3C7GxvMmT2wUyvGJb8gBd/xYsHFa9+gDf/xsnjoIkFDUVVN91dfiqFRsf5thYWl5ZXVgtrxfWNza1te2f3TieZ4tDgiUxUy2capIihgQIltFIFLPIlNP3+xchv3oPSIolvcZCCF7FuLELBGRqpY5ddhAf0w/xSo4gYQkCvk4np0iF1ewyp7Nglp+KMQedJdUpKZIp6x/5yg4RnEcTIJdO6XXVS9HKmUHAJw6KbaUgZ77MutA2NWQTay8ffDOmhUQIaJspUjHSs/p7IWaT1IPJNpzm4p2e9kfif184wPPNyEacZQswni8JMUkzoKBoaCAUc5cAQxpUwt1LeY4pxNAEWTQjV2ZfnSeO4cl5xbk5KtfI0jQLZJwfkiFTJKamRK1InDcLJI3kmr+TNerJerHfrY9K6YE1n9sgfWJ8/q12bYw==</latexit><latexit sha1_base64="LqHfqmkynD2D/zf4/RTBSNIc044=">AAACDHicbVDLSgNBEJz1GeNr1aOXwUTwFDYiqLeACB48RDAmkF3C7GxvMmT2wUyvGJb8gBd/xYsHFa9+gDf/xsnjoIkFDUVVN91dfiqFRsf5thYWl5ZXVgtrxfWNza1te2f3TieZ4tDgiUxUy2capIihgQIltFIFLPIlNP3+xchv3oPSIolvcZCCF7FuLELBGRqpY5ddhAf0w/xSo4gYQkCvk4np0iF1ewyp7Nglp+KMQedJdUpKZIp6x/5yg4RnEcTIJdO6XXVS9HKmUHAJw6KbaUgZ77MutA2NWQTay8ffDOmhUQIaJspUjHSs/p7IWaT1IPJNpzm4p2e9kfif184wPPNyEacZQswni8JMUkzoKBoaCAUc5cAQxpUwt1LeY4pxNAEWTQjV2ZfnSeO4cl5xbk5KtfI0jQLZJwfkiFTJKamRK1InDcLJI3kmr+TNerJerHfrY9K6YE1n9sgfWJ8/q12bYw==</latexit>

Fig. 2. Illustration of the workflow for our proposed TrajCom.

3 Methodology

In this section, we first formulate the problem of trajectory completion in Section
3.1. Then, three key modules of TrajCom are elaborated in Section 3.2 - 3.4
respectively.

3.1 Problem Formalization

We consider a set of M users U = {u1, . . . , uM} and a set of N locations
L = {l1, . . . , lN}. Each user u has a chronologically ordered sequence of records
Su = [r1, . . . , rt], wherein each record ri = (li, ti) is a tuple containing a location
li ∈ L and the time stamp value ti. Based on a location sequence, we define
trajectories as follows:

Definition 1 (Trajectory): Given a sequence of records Su of user u and a
time gap threshold δ > 0, we consider a valid trajectory to be any sub-sequence
Tu = [ri, ri+1, . . . , ri+k] in Su which satisfies the following constraints: (1)
∀ j, 1 < j ≤ k : tj − tj−1 ≤ δ; and (2) there exists no longer sub-sequence
in Su which contains Tu and satisfies (1).

Based on Definition 1, each user record sequence can be partitioned to con-
struct a trajectory set Tu = {T 1

u , T
2
u , . . .}. We combine the trajectory sets from

all M users to form a global trajectory set T . The goal of trajectory completion
is to estimate the location l̂ for a user u based on a target trajectory T a

u ∈ Tu

and a specified time point t∗ ∈ (ti, ti+k), where ti and ti+k are the first and last

time stamp of trajectory T a
u , respectively. Formally, l̂ = argmax

l ∈ L
P(l | T a

u , t
∗,T ).

3.2 Context-guided neural filtering

To address the issue of data sparsity when completing T a
u , we propose a context-

guided neural filtering technique which retrieves a pool of candidate locations
and a set of reference trajectories from the historical data, that are relevant to
the given target trajectory and time point. It contains two steps: (1) filtering
candidate locations , and (2) retrieving reference trajectories.
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Filtering Candidate Locations. We leverage two types of context informa-
tion, i.e. spatio-temporal constraints and user preference, to filter a pool of
candidates from all possible locations for completing.

Spatio-temporal constraint. We note that any user’s movement is constrained
by the spatio-temporal contexts, which means a user’s current location is bounded
by the time elapsed since he/she has left the last location. For example, we ob-
serve that a user u is currently at location A. Within the next 10 minutes, it
would be unlikely for u to move too far away from A. From our data analysis, we
find that the relationship between the distance of two consecutive records in a
trajectory and its time gap can be modeled by a logarithmic function, if the time
gap is not too large (see Figure 3(a)). As such, we model the spatio-temporal
constraint as follows: f(x) = α · log(β · x+ 1) where the input x is the time gap
value, and the function value f(x) is the maximum distance between any pair
of records with such a time gap value. The parameters, α and β highly dataset
dependent, and thus we learn them on the training data.

To obtain the parameters of f(·), we first calculate the time gap and distance
between each consecutive pair of records in the given trajectory dataset. Next,
we compute the 95% quantiles of distances for different time gap orders and
use them to fit f(·). For example, we plot the quantiles and the spatio-temporal
constraint function f(x) using a Foursquare (US) dataset in Figure 3(a).
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Fig. 3. Illustration of initial candidate locations. (a) Distance Statistics. (b) Initial
Candidate Locations.

Given T a
u and t∗, we first construct an anchor record rA = (l̃, t∗), where l̃ is

a pseudo location. By complimenting T a
u with rA, we get the anchor trajectory

Au = [r1, . . . , ri, rA, rj , . . . , rK ].
As shown in Figure 3(b), we first utilize the spatio-temporal constraint func-

tion f(·) to obtain the initial candidate locations as follows:

Definition 2 (Candidate Locations): Given the preceding record ri = (li, ti),
the succeeding record rj = (lj , tj), and a specific spatio-temporal constraint func-
tion f(·), we consider the initial candidate locations to be a subset of P lo-
cations La

u = {l1, . . . , lP } ⊂ L , s.t. ∀ lp ∈ La
u: dis(li, lp) < f(t∗ − ti) and

dis(lj , lp) < f(tj − t∗), where dis(·, ·) is calculated using the Haversine formula.

User Preference.We note that generating the set of candidate locations based
on Definition 2 could potentially result in a vast number of locations, especially
when the time gap between ti and tj is sufficiently large, and this may become
a computational bottleneck. As such, we propose using Neural Collaborative
Filtering (NCF) [7] for incorporating the user preference in order to obtain



Trajectory Completion via Context-Guided Neural Filtering and Encoding 7

a user-specific subset of P candidate locations La
u from La

u. In other words,
we filter away those locations that user u is unlikely to visit. Specifically, we
construct a binary user-location matrix B ∈ RM×N , whereby the entry bu,l ∈
{0, 1} indicates whether user u has visited location l. NCF decomposes B into
a user latent matrix ENCF

u ∈ RM×dNCF and a location latent matrix ENCF
l ∈

RN×dNCF via the collaborative filtering approach. Specifically, the output of NCF
is calculated by a multilayer perceptron(MLP) with a logistic function: b̂u,l =
logistic(MLP(eNCF

l , eNCF
u )) The parameters in NCF can be learned using back-

propagation with the cross-entropy loss, and we can easily obtain a probability
distribution PL over the P initial candidate locations. The set of user-specific
candidate locations La

u is generated by ranking and selecting the top-P locations
based on PL.

Retrieving Reference Trajectories. For a given target trajectory and a
specified time point, we can obtain the initial set of reference trajectories as
follows:

Definition 3 (Reference Trajectories): Reference trajectories is a subset of
Q trajectories Ta

u ⊂ T , whereby each trajectory in Ta
u passes through at least

one location in La
u.

However, Ta
u can be dominated by the popular locations in La

u which tend
to have many trajectories passing through them. Instead of simply taking all
trajectories passing through as the reference trajectories, we propose to select
at most γ trajectories to form the reference set. By doing so, for all P locations,
we obtain a smaller and balanced subset of Q reference trajectories Ta

u.

3.3 Context-aware record encoding

To learn the representation of records within each trajectory, we use a multi-
factor embedding layer and a bi-directional RNN layer with time-aware GRU
(tGRU), for solving the irregularity.

Multi-factor Embedding Layer. For an arbitrary trajectory Tu = [r1, ..., rK ]
for some user u ∈ U , we designed a multi-factor embedding layer to capture
the information for each record rk = (lk, tk). The user u and location lk are
represented using one-hot encodings. Similarly, the temporal information tk is
represented using a one-hot encoding with 48 possible values. We can obtain the
multi-factor embedding for record rk as follows:

euk = u·Eu; elk = lk ·El; etk = tk ·Et;

ek = [euk ; e
l
k; e

t
k]

where [· ; ·] is the concatenation operator, and Eu ∈ RM×du , El ∈ R(N+1)×dl ,
Et ∈ R48×dt are the embedding matrices for the user, spatial and temporal
information, respectively.

We consider 24 hourly intervals for both weekdays and weekends.

There is an additional entry for El, due to the placeholder location l̃ used in the
construction of the anchor record rA.
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+
⇥

rk
<latexit sha1_base64="H2MwXhzBuREG7Q1ua+3YsvyXtmY=">AAAB8nicbVDLSsNAFL2pr1pfVZduBovgKiQiqLuCG5cVjC00oUymk3boZBLmIZTQ33DjQsWtX+POv3HSZqGtBwYO59zLPXPinDOlPe/bqa2tb2xu1bcbO7t7+wfNw6NHlRlJaEAynslejBXlTNBAM81pL5cUpzGn3XhyW/rdJyoVy8SDnuY0SvFIsIQRrK0UhinW4zgp5GwwGTRbnuvNgVaJX5EWVOgMml/hMCMmpUITjpXq+16uowJLzQins0ZoFM0xmeAR7VsqcEpVVMwzz9CZVYYoyaR9QqO5+nujwKlS0zS2k2VGteyV4n9e3+jkOiqYyI2mgiwOJYYjnaGyADRkkhLNp5ZgIpnNisgYS0y0ralhS/CXv7xKggv3xvXuL1ttt2qjDidwCufgwxW04Q46EACBHJ7hFd4c47w4787HYrTmVDvH8AfO5w/cipGz</latexit><latexit sha1_base64="H2MwXhzBuREG7Q1ua+3YsvyXtmY=">AAAB8nicbVDLSsNAFL2pr1pfVZduBovgKiQiqLuCG5cVjC00oUymk3boZBLmIZTQ33DjQsWtX+POv3HSZqGtBwYO59zLPXPinDOlPe/bqa2tb2xu1bcbO7t7+wfNw6NHlRlJaEAynslejBXlTNBAM81pL5cUpzGn3XhyW/rdJyoVy8SDnuY0SvFIsIQRrK0UhinW4zgp5GwwGTRbnuvNgVaJX5EWVOgMml/hMCMmpUITjpXq+16uowJLzQins0ZoFM0xmeAR7VsqcEpVVMwzz9CZVYYoyaR9QqO5+nujwKlS0zS2k2VGteyV4n9e3+jkOiqYyI2mgiwOJYYjnaGyADRkkhLNp5ZgIpnNisgYS0y0ralhS/CXv7xKggv3xvXuL1ttt2qjDidwCufgwxW04Q46EACBHJ7hFd4c47w4787HYrTmVDvH8AfO5w/cipGz</latexit><latexit sha1_base64="H2MwXhzBuREG7Q1ua+3YsvyXtmY=">AAAB8nicbVDLSsNAFL2pr1pfVZduBovgKiQiqLuCG5cVjC00oUymk3boZBLmIZTQ33DjQsWtX+POv3HSZqGtBwYO59zLPXPinDOlPe/bqa2tb2xu1bcbO7t7+wfNw6NHlRlJaEAynslejBXlTNBAM81pL5cUpzGn3XhyW/rdJyoVy8SDnuY0SvFIsIQRrK0UhinW4zgp5GwwGTRbnuvNgVaJX5EWVOgMml/hMCMmpUITjpXq+16uowJLzQins0ZoFM0xmeAR7VsqcEpVVMwzz9CZVYYoyaR9QqO5+nujwKlS0zS2k2VGteyV4n9e3+jkOiqYyI2mgiwOJYYjnaGyADRkkhLNp5ZgIpnNisgYS0y0ralhS/CXv7xKggv3xvXuL1ttt2qjDidwCufgwxW04Q46EACBHJ7hFd4c47w4787HYrTmVDvH8AfO5w/cipGz</latexit>

zk
<latexit sha1_base64="NL3/ig+Ts8FylqUo2c2Sx7evGSQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFchUQEdVdw47KCsYUmlMl00g6dTMI8hBr6G25cqLj1a9z5N07aLLT1wMDhnHu5Z06cc6a05307K6tr6xubta369s7u3n7j4PBBZUYSGpCMZ7IbY0U5EzTQTHPazSXFacxpJx7flH7nkUrFMnGvJzmNUjwULGEEayuFYYr1KE6Kp2l/3G80PdebAS0TvyJNqNDuN77CQUZMSoUmHCvV871cRwWWmhFOp/XQKJpjMsZD2rNU4JSqqJhlnqJTqwxQkkn7hEYz9fdGgVOlJmlsJ8uMatErxf+8ntHJVVQwkRtNBZkfSgxHOkNlAWjAJCWaTyzBRDKbFZERlphoW1PdluAvfnmZBOfutevdXTRbbtVGDY7hBM7Ah0towS20IQACOTzDK7w5xnlx3p2P+eiKU+0cwR84nz/oupG7</latexit><latexit sha1_base64="NL3/ig+Ts8FylqUo2c2Sx7evGSQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFchUQEdVdw47KCsYUmlMl00g6dTMI8hBr6G25cqLj1a9z5N07aLLT1wMDhnHu5Z06cc6a05307K6tr6xubta369s7u3n7j4PBBZUYSGpCMZ7IbY0U5EzTQTHPazSXFacxpJx7flH7nkUrFMnGvJzmNUjwULGEEayuFYYr1KE6Kp2l/3G80PdebAS0TvyJNqNDuN77CQUZMSoUmHCvV871cRwWWmhFOp/XQKJpjMsZD2rNU4JSqqJhlnqJTqwxQkkn7hEYz9fdGgVOlJmlsJ8uMatErxf+8ntHJVVQwkRtNBZkfSgxHOkNlAWjAJCWaTyzBRDKbFZERlphoW1PdluAvfnmZBOfutevdXTRbbtVGDY7hBM7Ah0towS20IQACOTzDK7w5xnlx3p2P+eiKU+0cwR84nz/oupG7</latexit><latexit sha1_base64="NL3/ig+Ts8FylqUo2c2Sx7evGSQ=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFchUQEdVdw47KCsYUmlMl00g6dTMI8hBr6G25cqLj1a9z5N07aLLT1wMDhnHu5Z06cc6a05307K6tr6xubta369s7u3n7j4PBBZUYSGpCMZ7IbY0U5EzTQTHPazSXFacxpJx7flH7nkUrFMnGvJzmNUjwULGEEayuFYYr1KE6Kp2l/3G80PdebAS0TvyJNqNDuN77CQUZMSoUmHCvV871cRwWWmhFOp/XQKJpjMsZD2rNU4JSqqJhlnqJTqwxQkkn7hEYz9fdGgVOlJmlsJ8uMatErxf+8ntHJVVQwkRtNBZkfSgxHOkNlAWjAJCWaTyzBRDKbFZERlphoW1PdluAvfnmZBOfutevdXTRbbtVGDY7hBM7Ah0towS20IQACOTzDK7w5xnlx3p2P+eiKU+0cwR84nz/oupG7</latexit>

�
<latexit sha1_base64="hBz6IArKV7uqP8+jHs3Jt1AUHpM=">AAAB7XicbVBNSwMxEJ34WetX1aOXYBF6KrsiqLeCF48VXFtol5JNs21okl2SrFCW/ggvHlS8+n+8+W/MtnvQ1gcDj/dmmJkXpYIb63nfaG19Y3Nru7JT3d3bPzisHR0/miTTlAU0EYnuRsQwwRULLLeCdVPNiIwE60ST28LvPDFteKIe7DRloSQjxWNOiXVSp2/4SJLqoFb3mt4ceJX4JalDifag9tUfJjSTTFkqiDE930ttmBNtORVsVu1nhqWETsiI9RxVRDIT5vNzZ/jcKUMcJ9qVsniu/p7IiTRmKiPXKYkdm2WvEP/zepmNr8OcqzSzTNHFojgT2Ca4+B0PuWbUiqkjhGrubsV0TDSh1iVUhOAvv7xKgovmTdO7v6y3GmUaFTiFM2iAD1fQgjtoQwAUJvAMr/CGUvSC3tHHonUNlTMn8Afo8wc3H47w</latexit><latexit sha1_base64="hBz6IArKV7uqP8+jHs3Jt1AUHpM=">AAAB7XicbVBNSwMxEJ34WetX1aOXYBF6KrsiqLeCF48VXFtol5JNs21okl2SrFCW/ggvHlS8+n+8+W/MtnvQ1gcDj/dmmJkXpYIb63nfaG19Y3Nru7JT3d3bPzisHR0/miTTlAU0EYnuRsQwwRULLLeCdVPNiIwE60ST28LvPDFteKIe7DRloSQjxWNOiXVSp2/4SJLqoFb3mt4ceJX4JalDifag9tUfJjSTTFkqiDE930ttmBNtORVsVu1nhqWETsiI9RxVRDIT5vNzZ/jcKUMcJ9qVsniu/p7IiTRmKiPXKYkdm2WvEP/zepmNr8OcqzSzTNHFojgT2Ca4+B0PuWbUiqkjhGrubsV0TDSh1iVUhOAvv7xKgovmTdO7v6y3GmUaFTiFM2iAD1fQgjtoQwAUJvAMr/CGUvSC3tHHonUNlTMn8Afo8wc3H47w</latexit><latexit sha1_base64="hBz6IArKV7uqP8+jHs3Jt1AUHpM=">AAAB7XicbVBNSwMxEJ34WetX1aOXYBF6KrsiqLeCF48VXFtol5JNs21okl2SrFCW/ggvHlS8+n+8+W/MtnvQ1gcDj/dmmJkXpYIb63nfaG19Y3Nru7JT3d3bPzisHR0/miTTlAU0EYnuRsQwwRULLLeCdVPNiIwE60ST28LvPDFteKIe7DRloSQjxWNOiXVSp2/4SJLqoFb3mt4ceJX4JalDifag9tUfJjSTTFkqiDE930ttmBNtORVsVu1nhqWETsiI9RxVRDIT5vNzZ/jcKUMcJ9qVsniu/p7IiTRmKiPXKYkdm2WvEP/zepmNr8OcqzSzTNHFojgT2Ca4+B0PuWbUiqkjhGrubsV0TDSh1iVUhOAvv7xKgovmTdO7v6y3GmUaFTiFM2iAD1fQgjtoQwAUJvAMr/CGUvSC3tHHonUNlTMn8Afo8wc3H47w</latexit>

+

ek
<latexit sha1_base64="pSN3NtZ6nag69EvssznEhUTB/nU=">AAAB8nicbVBNS8NAFHzxs9avqkcvi1XwVFIR1FvBi8cKxhaaUDbbl3bpZhN2N0IJ/RtePKh49dd489+4aXPQ1oGFYeY93uyEqeDauO63s7K6tr6xWdmqbu/s7u3XDg4fdZIphh5LRKK6IdUouETPcCOwmyqkcSiwE45vC7/zhErzRD6YSYpBTIeSR5xRYyXfj6kZhVGO0/64X6u7DXcGskyaJalDiXa/9uUPEpbFKA0TVOte001NkFNlOBM4rfqZxpSyMR1iz1JJY9RBPss8JWdWGZAoUfZJQ2bq742cxlpP4tBOFhn1oleI/3m9zETXQc5lmhmUbH4oygQxCSkKIAOukBkxsYQyxW1WwkZUUWZsTVVbQnPxy8vEu2jcNNz7y3rrtGyjAsdwAufQhCtowR20wQMGKTzDK7w5mfPivDsf89EVp9w5gj9wPn8AxbqRnA==</latexit><latexit sha1_base64="pSN3NtZ6nag69EvssznEhUTB/nU=">AAAB8nicbVBNS8NAFHzxs9avqkcvi1XwVFIR1FvBi8cKxhaaUDbbl3bpZhN2N0IJ/RtePKh49dd489+4aXPQ1oGFYeY93uyEqeDauO63s7K6tr6xWdmqbu/s7u3XDg4fdZIphh5LRKK6IdUouETPcCOwmyqkcSiwE45vC7/zhErzRD6YSYpBTIeSR5xRYyXfj6kZhVGO0/64X6u7DXcGskyaJalDiXa/9uUPEpbFKA0TVOte001NkFNlOBM4rfqZxpSyMR1iz1JJY9RBPss8JWdWGZAoUfZJQ2bq742cxlpP4tBOFhn1oleI/3m9zETXQc5lmhmUbH4oygQxCSkKIAOukBkxsYQyxW1WwkZUUWZsTVVbQnPxy8vEu2jcNNz7y3rrtGyjAsdwAufQhCtowR20wQMGKTzDK7w5mfPivDsf89EVp9w5gj9wPn8AxbqRnA==</latexit><latexit sha1_base64="pSN3NtZ6nag69EvssznEhUTB/nU=">AAAB8nicbVBNS8NAFHzxs9avqkcvi1XwVFIR1FvBi8cKxhaaUDbbl3bpZhN2N0IJ/RtePKh49dd489+4aXPQ1oGFYeY93uyEqeDauO63s7K6tr6xWdmqbu/s7u3XDg4fdZIphh5LRKK6IdUouETPcCOwmyqkcSiwE45vC7/zhErzRD6YSYpBTIeSR5xRYyXfj6kZhVGO0/64X6u7DXcGskyaJalDiXa/9uUPEpbFKA0TVOte001NkFNlOBM4rfqZxpSyMR1iz1JJY9RBPss8JWdWGZAoUfZJQ2bq742cxlpP4tBOFhn1oleI/3m9zETXQc5lmhmUbH4oygQxCSkKIAOukBkxsYQyxW1WwkZUUWZsTVVbQnPxy8vEu2jcNNz7y3rrtGyjAsdwAufQhCtowR20wQMGKTzDK7w5mfPivDsf89EVp9w5gj9wPn8AxbqRnA==</latexit>

tgapk = 2.4⌧
<latexit sha1_base64="BrSutHLOL8t3qP6QZR1gi4EaTx8=">AAAB+3icbVBNS8NAEN34WetXtEcvi1XwFJJSUA9CwYvHCsYW2hg22027dPPB7kQIof4VLx5UvPpHvPlv3LY5aOuDgcd7M8zMC1LBFdj2t7Gyura+sVnZqm7v7O7tmweH9yrJJGUuTUQiuwFRTPCYucBBsG4qGYkCwTrB+Hrqdx6ZVDyJ7yBPmReRYcxDTgloyTdr4I8fiiFJJ/gKN6xmH0jmm3XbsmfAy8QpSR2VaPvmV3+Q0CxiMVBBlOo5dgpeQSRwKtik2s8USwkdkyHraRqTiCmvmB0/wadaGeAwkbpiwDP190RBIqXyKNCdEYGRWvSm4n9eL4Pwwit4nGbAYjpfFGYCQ4KnSeABl4yCyDUhVHJ9K6YjIgkFnVdVh+AsvrxM3IZ1adm3zXrrpEyjgo7QMTpDDjpHLXSD2shFFOXoGb2iN+PJeDHejY9564pRztTQHxifP73Zk6E=</latexit><latexit sha1_base64="BrSutHLOL8t3qP6QZR1gi4EaTx8=">AAAB+3icbVBNS8NAEN34WetXtEcvi1XwFJJSUA9CwYvHCsYW2hg22027dPPB7kQIof4VLx5UvPpHvPlv3LY5aOuDgcd7M8zMC1LBFdj2t7Gyura+sVnZqm7v7O7tmweH9yrJJGUuTUQiuwFRTPCYucBBsG4qGYkCwTrB+Hrqdx6ZVDyJ7yBPmReRYcxDTgloyTdr4I8fiiFJJ/gKN6xmH0jmm3XbsmfAy8QpSR2VaPvmV3+Q0CxiMVBBlOo5dgpeQSRwKtik2s8USwkdkyHraRqTiCmvmB0/wadaGeAwkbpiwDP190RBIqXyKNCdEYGRWvSm4n9eL4Pwwit4nGbAYjpfFGYCQ4KnSeABl4yCyDUhVHJ9K6YjIgkFnVdVh+AsvrxM3IZ1adm3zXrrpEyjgo7QMTpDDjpHLXSD2shFFOXoGb2iN+PJeDHejY9564pRztTQHxifP73Zk6E=</latexit><latexit sha1_base64="BrSutHLOL8t3qP6QZR1gi4EaTx8=">AAAB+3icbVBNS8NAEN34WetXtEcvi1XwFJJSUA9CwYvHCsYW2hg22027dPPB7kQIof4VLx5UvPpHvPlv3LY5aOuDgcd7M8zMC1LBFdj2t7Gyura+sVnZqm7v7O7tmweH9yrJJGUuTUQiuwFRTPCYucBBsG4qGYkCwTrB+Hrqdx6ZVDyJ7yBPmReRYcxDTgloyTdr4I8fiiFJJ/gKN6xmH0jmm3XbsmfAy8QpSR2VaPvmV3+Q0CxiMVBBlOo5dgpeQSRwKtik2s8USwkdkyHraRqTiCmvmB0/wadaGeAwkbpiwDP190RBIqXyKNCdEYGRWvSm4n9eL4Pwwit4nGbAYjpfFGYCQ4KnSeABl4yCyDUhVHJ9K6YjIgkFnVdVh+AsvrxM3IZ1adm3zXrrpEyjgo7QMTpDDjpHLXSD2shFFOXoGb2iN+PJeDHejY9564pRztTQHxifP73Zk6E=</latexit>

Egap
<latexit sha1_base64="AyAlnlBxPX1bbkpw15SQn8gYtLA=">AAAB+HicbVBNS8NAFHypX7V+RT16WSyCp5KIoN4KInisYGyhDWGz3bRLN5uwuymUkH/ixYOKV3+KN/+NmzYHbR1YGGbe481OmHKmtON8W7W19Y3Nrfp2Y2d3b//APjx6UkkmCfVIwhPZC7GinAnqaaY57aWS4jjktBtObku/O6VSsUQ86llK/RiPBIsYwdpIgW0PYqzHYZTfFUE+wmkR2E2n5cyBVolbkSZU6AT212CYkCymQhOOleq7Tqr9HEvNCKdFY5ApmmIywSPaN1TgmCo/nycv0JlRhihKpHlCo7n6eyPHsVKzODSTZU617JXif14/09G1nzORZpoKsjgUZRzpBJU1oCGTlGg+MwQTyUxWRMZYYqJNWQ1Tgrv85VXiXbRuWs7DZbONqjbqcAKncA4uXEEb7qEDHhCYwjO8wpuVWy/Wu/WxGK1Z1c4x/IH1+QNicZOW</latexit><latexit sha1_base64="AyAlnlBxPX1bbkpw15SQn8gYtLA=">AAAB+HicbVBNS8NAFHypX7V+RT16WSyCp5KIoN4KInisYGyhDWGz3bRLN5uwuymUkH/ixYOKV3+KN/+NmzYHbR1YGGbe481OmHKmtON8W7W19Y3Nrfp2Y2d3b//APjx6UkkmCfVIwhPZC7GinAnqaaY57aWS4jjktBtObku/O6VSsUQ86llK/RiPBIsYwdpIgW0PYqzHYZTfFUE+wmkR2E2n5cyBVolbkSZU6AT212CYkCymQhOOleq7Tqr9HEvNCKdFY5ApmmIywSPaN1TgmCo/nycv0JlRhihKpHlCo7n6eyPHsVKzODSTZU617JXif14/09G1nzORZpoKsjgUZRzpBJU1oCGTlGg+MwQTyUxWRMZYYqJNWQ1Tgrv85VXiXbRuWs7DZbONqjbqcAKncA4uXEEb7qEDHhCYwjO8wpuVWy/Wu/WxGK1Z1c4x/IH1+QNicZOW</latexit><latexit sha1_base64="AyAlnlBxPX1bbkpw15SQn8gYtLA=">AAAB+HicbVBNS8NAFHypX7V+RT16WSyCp5KIoN4KInisYGyhDWGz3bRLN5uwuymUkH/ixYOKV3+KN/+NmzYHbR1YGGbe481OmHKmtON8W7W19Y3Nrfp2Y2d3b//APjx6UkkmCfVIwhPZC7GinAnqaaY57aWS4jjktBtObku/O6VSsUQ86llK/RiPBIsYwdpIgW0PYqzHYZTfFUE+wmkR2E2n5cyBVolbkSZU6AT212CYkCymQhOOleq7Tqr9HEvNCKdFY5ApmmIywSPaN1TgmCo/nycv0JlRhihKpHlCo7n6eyPHsVKzODSTZU617JXif14/09G1nzORZpoKsjgUZRzpBJU1oCGTlGg+MwQTyUxWRMZYYqJNWQ1Tgrv85VXiXbRuWs7DZbONqjbqcAKncA4uXEEb7qEDHhCYwjO8wpuVWy/Wu/WxGK1Z1c4x/IH1+QNicZOW</latexit>

egapk
<latexit sha1_base64="0wziKMt87ymg3wKcZ+HVIzaxD3g=">AAAB+nicbVBNS8NAFNz4WetXrEcvi0XwVBIR1FvBi8cKxhbaGDbbl3bpZhN2N2IJ+StePKh49Zd489+4aXPQ1oGFYeY93uyEKWdKO863tbK6tr6xWduqb+/s7u3bB417lWSSgkcTnsheSBRwJsDTTHPopRJIHHLohpPr0u8+glQsEXd6moIfk5FgEaNEGymwG4OY6HEY5VAEk4d8RNIisJtOy5kBLxO3Ik1UoRPYX4NhQrMYhKacKNV3nVT7OZGaUQ5FfZApSAmdkBH0DRUkBuXns+wFPjHKEEeJNE9oPFN/b+QkVmoah2ayTKoWvVL8z+tnOrr0cybSTIOg80NRxrFOcFkEHjIJVPOpIYRKZrJiOiaSUG3qqpsS3MUvLxPvrHXVcm7Pm21ctVFDR+gYnSIXXaA2ukEd5CGKntAzekVvVmG9WO/Wx3x0xap2DtEfWJ8/G1iUkw==</latexit><latexit sha1_base64="0wziKMt87ymg3wKcZ+HVIzaxD3g=">AAAB+nicbVBNS8NAFNz4WetXrEcvi0XwVBIR1FvBi8cKxhbaGDbbl3bpZhN2N2IJ+StePKh49Zd489+4aXPQ1oGFYeY93uyEKWdKO863tbK6tr6xWduqb+/s7u3bB417lWSSgkcTnsheSBRwJsDTTHPopRJIHHLohpPr0u8+glQsEXd6moIfk5FgEaNEGymwG4OY6HEY5VAEk4d8RNIisJtOy5kBLxO3Ik1UoRPYX4NhQrMYhKacKNV3nVT7OZGaUQ5FfZApSAmdkBH0DRUkBuXns+wFPjHKEEeJNE9oPFN/b+QkVmoah2ayTKoWvVL8z+tnOrr0cybSTIOg80NRxrFOcFkEHjIJVPOpIYRKZrJiOiaSUG3qqpsS3MUvLxPvrHXVcm7Pm21ctVFDR+gYnSIXXaA2ukEd5CGKntAzekVvVmG9WO/Wx3x0xap2DtEfWJ8/G1iUkw==</latexit><latexit sha1_base64="0wziKMt87ymg3wKcZ+HVIzaxD3g=">AAAB+nicbVBNS8NAFNz4WetXrEcvi0XwVBIR1FvBi8cKxhbaGDbbl3bpZhN2N2IJ+StePKh49Zd489+4aXPQ1oGFYeY93uyEKWdKO863tbK6tr6xWduqb+/s7u3bB417lWSSgkcTnsheSBRwJsDTTHPopRJIHHLohpPr0u8+glQsEXd6moIfk5FgEaNEGymwG4OY6HEY5VAEk4d8RNIisJtOy5kBLxO3Ik1UoRPYX4NhQrMYhKacKNV3nVT7OZGaUQ5FfZApSAmdkBH0DRUkBuXns+wFPjHKEEeJNE9oPFN/b+QkVmoah2ayTKoWvVL8z+tnOrr0cybSTIOg80NRxrFOcFkEHjIJVPOpIYRKZrJiOiaSUG3qqpsS3MUvLxPvrHXVcm7Pm21ctVFDR+gYnSIXXaA2ukEd5CGKntAzekVvVmG9WO/Wx3x0xap2DtEfWJ8/G1iUkw==</latexit>

e2⌧
<latexit sha1_base64="JumLxnq9Uebmmsb9BspQoI1XZR4=">AAAB+nicbVBNS8NAFHzxs9avWo9eFovgqSRFUG8FLx4rGFtoQthsN+3SzSbsbsQS8le8eFDx6i/x5r9x0+agrQMLw8x7vNkJU86Utu1va219Y3Nru7ZT393bPzhsHDUfVJJJQl2S8EQOQqwoZ4K6mmlOB6mkOA457YfTm9LvP1KpWCLu9SylfozHgkWMYG2koNH0YqwnYZTTIsg7nsZZETRadtueA60SpyItqNALGl/eKCFZTIUmHCs1dOxU+zmWmhFOi7qXKZpiMsVjOjRU4JgqP59nL9CZUUYoSqR5QqO5+nsjx7FSszg0k2VSteyV4n/eMNPRlZ8zkWaaCrI4FGUc6QSVRaARk5RoPjMEE8lMVkQmWGKiTV11U4Kz/OVV4nba12377qLVRVUbNTiBUzgHBy6hC7fQAxcIPMEzvMKbVVgv1rv1sRhds6qdY/gD6/MH3IKUag==</latexit><latexit sha1_base64="JumLxnq9Uebmmsb9BspQoI1XZR4=">AAAB+nicbVBNS8NAFHzxs9avWo9eFovgqSRFUG8FLx4rGFtoQthsN+3SzSbsbsQS8le8eFDx6i/x5r9x0+agrQMLw8x7vNkJU86Utu1va219Y3Nru7ZT393bPzhsHDUfVJJJQl2S8EQOQqwoZ4K6mmlOB6mkOA457YfTm9LvP1KpWCLu9SylfozHgkWMYG2koNH0YqwnYZTTIsg7nsZZETRadtueA60SpyItqNALGl/eKCFZTIUmHCs1dOxU+zmWmhFOi7qXKZpiMsVjOjRU4JgqP59nL9CZUUYoSqR5QqO5+nsjx7FSszg0k2VSteyV4n/eMNPRlZ8zkWaaCrI4FGUc6QSVRaARk5RoPjMEE8lMVkQmWGKiTV11U4Kz/OVV4nba12377qLVRVUbNTiBUzgHBy6hC7fQAxcIPMEzvMKbVVgv1rv1sRhds6qdY/gD6/MH3IKUag==</latexit><latexit sha1_base64="JumLxnq9Uebmmsb9BspQoI1XZR4=">AAAB+nicbVBNS8NAFHzxs9avWo9eFovgqSRFUG8FLx4rGFtoQthsN+3SzSbsbsQS8le8eFDx6i/x5r9x0+agrQMLw8x7vNkJU86Utu1va219Y3Nru7ZT393bPzhsHDUfVJJJQl2S8EQOQqwoZ4K6mmlOB6mkOA457YfTm9LvP1KpWCLu9SylfozHgkWMYG2koNH0YqwnYZTTIsg7nsZZETRadtueA60SpyItqNALGl/eKCFZTIUmHCs1dOxU+zmWmhFOi7qXKZpiMsVjOjRU4JgqP59nL9CZUUYoSqR5QqO5+nsjx7FSszg0k2VSteyV4n/eMNPRlZ8zkWaaCrI4FGUc6QSVRaARk5RoPjMEE8lMVkQmWGKiTV11U4Kz/OVV4nba12377qLVRVUbNTiBUzgHBy6hC7fQAxcIPMEzvMKbVVgv1rv1sRhds6qdY/gD6/MH3IKUag==</latexit>

e3⌧
<latexit sha1_base64="8N42+X7Y5styCP/kuggSQxpUCQ8=">AAAB+nicbVBNS8NAFHypX7V+xXr0slgETyVVQb0VvHisYLTQhLDZbtqlm03Y3Ygl5K948aDi1V/izX/jps1BWwcWhpn3eLMTppwp7TjfVm1ldW19o77Z2Nre2d2z95v3KskkoS5JeCL7IVaUM0FdzTSn/VRSHIecPoST69J/eKRSsUTc6WlK/RiPBIsYwdpIgd30YqzHYZTTIsjPPI2zIrBbTtuZAS2TTkVaUKEX2F/eMCFZTIUmHCs16Dip9nMsNSOcFg0vUzTFZIJHdGCowDFVfj7LXqBjowxRlEjzhEYz9fdGjmOlpnFoJsukatErxf+8QaajSz9nIs00FWR+KMo40gkqi0BDJinRfGoIJpKZrIiMscREm7oapoTO4peXiXvavmo7t+etLqraqMMhHMEJdOACunADPXCBwBM8wyu8WYX1Yr1bH/PRmlXtHMAfWJ8/3gqUaw==</latexit><latexit sha1_base64="8N42+X7Y5styCP/kuggSQxpUCQ8=">AAAB+nicbVBNS8NAFHypX7V+xXr0slgETyVVQb0VvHisYLTQhLDZbtqlm03Y3Ygl5K948aDi1V/izX/jps1BWwcWhpn3eLMTppwp7TjfVm1ldW19o77Z2Nre2d2z95v3KskkoS5JeCL7IVaUM0FdzTSn/VRSHIecPoST69J/eKRSsUTc6WlK/RiPBIsYwdpIgd30YqzHYZTTIsjPPI2zIrBbTtuZAS2TTkVaUKEX2F/eMCFZTIUmHCs16Dip9nMsNSOcFg0vUzTFZIJHdGCowDFVfj7LXqBjowxRlEjzhEYz9fdGjmOlpnFoJsukatErxf+8QaajSz9nIs00FWR+KMo40gkqi0BDJinRfGoIJpKZrIiMscREm7oapoTO4peXiXvavmo7t+etLqraqMMhHMEJdOACunADPXCBwBM8wyu8WYX1Yr1bH/PRmlXtHMAfWJ8/3gqUaw==</latexit><latexit sha1_base64="8N42+X7Y5styCP/kuggSQxpUCQ8=">AAAB+nicbVBNS8NAFHypX7V+xXr0slgETyVVQb0VvHisYLTQhLDZbtqlm03Y3Ygl5K948aDi1V/izX/jps1BWwcWhpn3eLMTppwp7TjfVm1ldW19o77Z2Nre2d2z95v3KskkoS5JeCL7IVaUM0FdzTSn/VRSHIecPoST69J/eKRSsUTc6WlK/RiPBIsYwdpIgd30YqzHYZTTIsjPPI2zIrBbTtuZAS2TTkVaUKEX2F/eMCFZTIUmHCs16Dip9nMsNSOcFg0vUzTFZIJHdGCowDFVfj7LXqBjowxRlEjzhEYz9fdGjmOlpnFoJsukatErxf+8QaajSz9nIs00FWR+KMo40gkqi0BDJinRfGoIJpKZrIiMscREm7oapoTO4peXiXvavmo7t+etLqraqMMhHMEJdOACunADPXCBwBM8wyu8WYX1Yr1bH/PRmlXtHMAfWJ8/3gqUaw==</latexit>

wk = 0.4
<latexit sha1_base64="UMYYLLWrXSWUSZwE4XswgJISNes=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0ikoB6EghePFYyttKFstpt26e4m7G6UEvorvHhQ8erf8ea/cdvmoK0PBh7vzTAzL0o508bzvp3Syura+kZ5s7K1vbO7V90/uNdJpggNSMIT1Y6wppxJGhhmOG2nimIRcdqKRtdTv/VIlWaJvDPjlIYCDySLGcHGSg9PvRG6Qp5b71VrnuvNgJaJX5AaFGj2ql/dfkIyQaUhHGvd8b3UhDlWhhFOJ5VupmmKyQgPaMdSiQXVYT47eIJOrNJHcaJsSYNm6u+JHAutxyKynQKboV70puJ/Xicz8UWYM5lmhkoyXxRnHJkETb9HfaYoMXxsCSaK2VsRGWKFibEZVWwI/uLLyyQ4cy9d77Zea6AijTIcwTGcgg/n0IAbaEIABAQ8wyu8Ocp5cd6dj3lrySlmDuEPnM8fRnyO1Q==</latexit><latexit sha1_base64="UMYYLLWrXSWUSZwE4XswgJISNes=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0ikoB6EghePFYyttKFstpt26e4m7G6UEvorvHhQ8erf8ea/cdvmoK0PBh7vzTAzL0o508bzvp3Syura+kZ5s7K1vbO7V90/uNdJpggNSMIT1Y6wppxJGhhmOG2nimIRcdqKRtdTv/VIlWaJvDPjlIYCDySLGcHGSg9PvRG6Qp5b71VrnuvNgJaJX5AaFGj2ql/dfkIyQaUhHGvd8b3UhDlWhhFOJ5VupmmKyQgPaMdSiQXVYT47eIJOrNJHcaJsSYNm6u+JHAutxyKynQKboV70puJ/Xicz8UWYM5lmhkoyXxRnHJkETb9HfaYoMXxsCSaK2VsRGWKFibEZVWwI/uLLyyQ4cy9d77Zea6AijTIcwTGcgg/n0IAbaEIABAQ8wyu8Ocp5cd6dj3lrySlmDuEPnM8fRnyO1Q==</latexit><latexit sha1_base64="UMYYLLWrXSWUSZwE4XswgJISNes=">AAAB73icbVBNS8NAEJ3Ur1q/qh69LBbBU0ikoB6EghePFYyttKFstpt26e4m7G6UEvorvHhQ8erf8ea/cdvmoK0PBh7vzTAzL0o508bzvp3Syura+kZ5s7K1vbO7V90/uNdJpggNSMIT1Y6wppxJGhhmOG2nimIRcdqKRtdTv/VIlWaJvDPjlIYCDySLGcHGSg9PvRG6Qp5b71VrnuvNgJaJX5AaFGj2ql/dfkIyQaUhHGvd8b3UhDlWhhFOJ5VupmmKyQgPaMdSiQXVYT47eIJOrNJHcaJsSYNm6u+JHAutxyKynQKboV70puJ/Xicz8UWYM5lmhkoyXxRnHJkETb9HfaYoMXxsCSaK2VsRGWKFibEZVWwI/uLLyyQ4cy9d77Zea6AijTIcwTGcgg/n0IAbaEIABAQ8wyu8Ocp5cd6dj3lrySlmDuEPnM8fRnyO1Q==</latexit>

1� wk

= 0.6
<latexit sha1_base64="4kOGkmw9rBjWq4aMZ383hdZpcJ0=">AAAB+nicbVDLSsNAFJ3UV42vWJduBovFjSER8bEQCm5cVjC20IQwmU7aoZNJmJmoJfRX3LhQceuXuPNvnLZZaOuBC4dz7uXee6KMUakc59uoLC2vrK5V182Nza3tHWu3di/TXGDi4ZSlohMhSRjlxFNUMdLJBEFJxEg7Gl5P/PYDEZKm/E6NMhIkqM9pTDFSWgqtWgO6x/AxHELfNxtX0LHPQqvu2M4UcJG4JamDEq3Q+vJ7Kc4TwhVmSMqu62QqKJBQFDMyNv1ckgzhIeqTrqYcJUQGxfT2MTzUSg/GqdDFFZyqvycKlEg5SiLdmSA1kPPeRPzP6+YqvggKyrNcEY5ni+KcQZXCSRCwRwXBio00QVhQfSvEAyQQVjouU4fgzr+8SLwT+9J2bk/rTVimUQX74AAcARecgya4AS3gAQyewDN4BW/G2Hgx3o2PWWvFKGf2wB8Ynz+s5ZEO</latexit><latexit sha1_base64="4kOGkmw9rBjWq4aMZ383hdZpcJ0=">AAAB+nicbVDLSsNAFJ3UV42vWJduBovFjSER8bEQCm5cVjC20IQwmU7aoZNJmJmoJfRX3LhQceuXuPNvnLZZaOuBC4dz7uXee6KMUakc59uoLC2vrK5V182Nza3tHWu3di/TXGDi4ZSlohMhSRjlxFNUMdLJBEFJxEg7Gl5P/PYDEZKm/E6NMhIkqM9pTDFSWgqtWgO6x/AxHELfNxtX0LHPQqvu2M4UcJG4JamDEq3Q+vJ7Kc4TwhVmSMqu62QqKJBQFDMyNv1ckgzhIeqTrqYcJUQGxfT2MTzUSg/GqdDFFZyqvycKlEg5SiLdmSA1kPPeRPzP6+YqvggKyrNcEY5ni+KcQZXCSRCwRwXBio00QVhQfSvEAyQQVjouU4fgzr+8SLwT+9J2bk/rTVimUQX74AAcARecgya4AS3gAQyewDN4BW/G2Hgx3o2PWWvFKGf2wB8Ynz+s5ZEO</latexit><latexit sha1_base64="4kOGkmw9rBjWq4aMZ383hdZpcJ0=">AAAB+nicbVDLSsNAFJ3UV42vWJduBovFjSER8bEQCm5cVjC20IQwmU7aoZNJmJmoJfRX3LhQceuXuPNvnLZZaOuBC4dz7uXee6KMUakc59uoLC2vrK5V182Nza3tHWu3di/TXGDi4ZSlohMhSRjlxFNUMdLJBEFJxEg7Gl5P/PYDEZKm/E6NMhIkqM9pTDFSWgqtWgO6x/AxHELfNxtX0LHPQqvu2M4UcJG4JamDEq3Q+vJ7Kc4TwhVmSMqu62QqKJBQFDMyNv1ckgzhIeqTrqYcJUQGxfT2MTzUSg/GqdDFFZyqvycKlEg5SiLdmSA1kPPeRPzP6+YqvggKyrNcEY5ni+KcQZXCSRCwRwXBio00QVhQfSvEAyQQVjouU4fgzr+8SLwT+9J2bk/rTVimUQX74AAcARecgya4AS3gAQyewDN4BW/G2Hgx3o2PWWvFKGf2wB8Ynz+s5ZEO</latexit>

egapk
<latexit sha1_base64="0wziKMt87ymg3wKcZ+HVIzaxD3g=">AAAB+nicbVBNS8NAFNz4WetXrEcvi0XwVBIR1FvBi8cKxhbaGDbbl3bpZhN2N2IJ+StePKh49Zd489+4aXPQ1oGFYeY93uyEKWdKO863tbK6tr6xWduqb+/s7u3bB417lWSSgkcTnsheSBRwJsDTTHPopRJIHHLohpPr0u8+glQsEXd6moIfk5FgEaNEGymwG4OY6HEY5VAEk4d8RNIisJtOy5kBLxO3Ik1UoRPYX4NhQrMYhKacKNV3nVT7OZGaUQ5FfZApSAmdkBH0DRUkBuXns+wFPjHKEEeJNE9oPFN/b+QkVmoah2ayTKoWvVL8z+tnOrr0cybSTIOg80NRxrFOcFkEHjIJVPOpIYRKZrJiOiaSUG3qqpsS3MUvLxPvrHXVcm7Pm21ctVFDR+gYnSIXXaA2ukEd5CGKntAzekVvVmG9WO/Wx3x0xap2DtEfWJ8/G1iUkw==</latexit><latexit sha1_base64="0wziKMt87ymg3wKcZ+HVIzaxD3g=">AAAB+nicbVBNS8NAFNz4WetXrEcvi0XwVBIR1FvBi8cKxhbaGDbbl3bpZhN2N2IJ+StePKh49Zd489+4aXPQ1oGFYeY93uyEKWdKO863tbK6tr6xWduqb+/s7u3bB417lWSSgkcTnsheSBRwJsDTTHPopRJIHHLohpPr0u8+glQsEXd6moIfk5FgEaNEGymwG4OY6HEY5VAEk4d8RNIisJtOy5kBLxO3Ik1UoRPYX4NhQrMYhKacKNV3nVT7OZGaUQ5FfZApSAmdkBH0DRUkBuXns+wFPjHKEEeJNE9oPFN/b+QkVmoah2ayTKoWvVL8z+tnOrr0cybSTIOg80NRxrFOcFkEHjIJVPOpIYRKZrJiOiaSUG3qqpsS3MUvLxPvrHXVcm7Pm21ctVFDR+gYnSIXXaA2ukEd5CGKntAzekVvVmG9WO/Wx3x0xap2DtEfWJ8/G1iUkw==</latexit><latexit sha1_base64="0wziKMt87ymg3wKcZ+HVIzaxD3g=">AAAB+nicbVBNS8NAFNz4WetXrEcvi0XwVBIR1FvBi8cKxhbaGDbbl3bpZhN2N2IJ+StePKh49Zd489+4aXPQ1oGFYeY93uyEKWdKO863tbK6tr6xWduqb+/s7u3bB417lWSSgkcTnsheSBRwJsDTTHPopRJIHHLohpPr0u8+glQsEXd6moIfk5FgEaNEGymwG4OY6HEY5VAEk4d8RNIisJtOy5kBLxO3Ik1UoRPYX4NhQrMYhKacKNV3nVT7OZGaUQ5FfZApSAmdkBH0DRUkBuXns+wFPjHKEEeJNE9oPFN/b+QkVmoah2ayTKoWvVL8z+tnOrr0cybSTIOg80NRxrFOcFkEHjIJVPOpIYRKZrJiOiaSUG3qqpsS3MUvLxPvrHXVcm7Pm21ctVFDR+gYnSIXXaA2ukEd5CGKntAzekVvVmG9WO/Wx3x0xap2DtEfWJ8/G1iUkw==</latexit>

�
<latexit sha1_base64="hBz6IArKV7uqP8+jHs3Jt1AUHpM=">AAAB7XicbVBNSwMxEJ34WetX1aOXYBF6KrsiqLeCF48VXFtol5JNs21okl2SrFCW/ggvHlS8+n+8+W/MtnvQ1gcDj/dmmJkXpYIb63nfaG19Y3Nru7JT3d3bPzisHR0/miTTlAU0EYnuRsQwwRULLLeCdVPNiIwE60ST28LvPDFteKIe7DRloSQjxWNOiXVSp2/4SJLqoFb3mt4ceJX4JalDifag9tUfJjSTTFkqiDE930ttmBNtORVsVu1nhqWETsiI9RxVRDIT5vNzZ/jcKUMcJ9qVsniu/p7IiTRmKiPXKYkdm2WvEP/zepmNr8OcqzSzTNHFojgT2Ca4+B0PuWbUiqkjhGrubsV0TDSh1iVUhOAvv7xKgovmTdO7v6y3GmUaFTiFM2iAD1fQgjtoQwAUJvAMr/CGUvSC3tHHonUNlTMn8Afo8wc3H47w</latexit><latexit sha1_base64="hBz6IArKV7uqP8+jHs3Jt1AUHpM=">AAAB7XicbVBNSwMxEJ34WetX1aOXYBF6KrsiqLeCF48VXFtol5JNs21okl2SrFCW/ggvHlS8+n+8+W/MtnvQ1gcDj/dmmJkXpYIb63nfaG19Y3Nru7JT3d3bPzisHR0/miTTlAU0EYnuRsQwwRULLLeCdVPNiIwE60ST28LvPDFteKIe7DRloSQjxWNOiXVSp2/4SJLqoFb3mt4ceJX4JalDifag9tUfJjSTTFkqiDE930ttmBNtORVsVu1nhqWETsiI9RxVRDIT5vNzZ/jcKUMcJ9qVsniu/p7IiTRmKiPXKYkdm2WvEP/zepmNr8OcqzSzTNHFojgT2Ca4+B0PuWbUiqkjhGrubsV0TDSh1iVUhOAvv7xKgovmTdO7v6y3GmUaFTiFM2iAD1fQgjtoQwAUJvAMr/CGUvSC3tHHonUNlTMn8Afo8wc3H47w</latexit><latexit sha1_base64="hBz6IArKV7uqP8+jHs3Jt1AUHpM=">AAAB7XicbVBNSwMxEJ34WetX1aOXYBF6KrsiqLeCF48VXFtol5JNs21okl2SrFCW/ggvHlS8+n+8+W/MtnvQ1gcDj/dmmJkXpYIb63nfaG19Y3Nru7JT3d3bPzisHR0/miTTlAU0EYnuRsQwwRULLLeCdVPNiIwE60ST28LvPDFteKIe7DRloSQjxWNOiXVSp2/4SJLqoFb3mt4ceJX4JalDifag9tUfJjSTTFkqiDE930ttmBNtORVsVu1nhqWETsiI9RxVRDIT5vNzZ/jcKUMcJ9qVsniu/p7IiTRmKiPXKYkdm2WvEP/zepmNr8OcqzSzTNHFojgT2Ca4+B0PuWbUiqkjhGrubsV0TDSh1iVUhOAvv7xKgovmTdO7v6y3GmUaFTiFM2iAD1fQgjtoQwAUJvAMr/CGUvSC3tHHonUNlTMn8Afo8wc3H47w</latexit>

Time Gap 
Encoding

��

+⇥ ⇥

0⌧
<latexit sha1_base64="dzsQMH/ZgELaoaJQPciVxsnTPEM=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG8FLx4rGFtoQ9lsN+3SzSbsToQS+hu8eFDx6h/y5r9x0+agrQ8GHu/NMDMvTKUw6LrfTmVtfWNzq7pd29nd2z+oHx49miTTjPsskYnuhtRwKRT3UaDk3VRzGoeSd8LJbeF3nrg2IlEPOE15ENOREpFgFK3ku32k2aDecJvuHGSVeCVpQIn2oP7VHyYsi7lCJqkxPc9NMcipRsEkn9X6meEpZRM64j1LFY25CfL5sTNyZpUhiRJtSyGZq78nchobM41D2xlTHJtlrxD/83oZRtdBLlSaIVdssSjKJMGEFJ+TodCcoZxaQpkW9lbCxlRThjafmg3BW355lfgXzZume3/ZaJEyjSqcwCmcgwdX0II7aIMPDAQ8wyu8Ocp5cd6dj0VrxSlnjuEPnM8f8gCOMw==</latexit><latexit sha1_base64="dzsQMH/ZgELaoaJQPciVxsnTPEM=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG8FLx4rGFtoQ9lsN+3SzSbsToQS+hu8eFDx6h/y5r9x0+agrQ8GHu/NMDMvTKUw6LrfTmVtfWNzq7pd29nd2z+oHx49miTTjPsskYnuhtRwKRT3UaDk3VRzGoeSd8LJbeF3nrg2IlEPOE15ENOREpFgFK3ku32k2aDecJvuHGSVeCVpQIn2oP7VHyYsi7lCJqkxPc9NMcipRsEkn9X6meEpZRM64j1LFY25CfL5sTNyZpUhiRJtSyGZq78nchobM41D2xlTHJtlrxD/83oZRtdBLlSaIVdssSjKJMGEFJ+TodCcoZxaQpkW9lbCxlRThjafmg3BW355lfgXzZume3/ZaJEyjSqcwCmcgwdX0II7aIMPDAQ8wyu8Ocp5cd6dj0VrxSlnjuEPnM8f8gCOMw==</latexit><latexit sha1_base64="dzsQMH/ZgELaoaJQPciVxsnTPEM=">AAAB63icbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG8FLx4rGFtoQ9lsN+3SzSbsToQS+hu8eFDx6h/y5r9x0+agrQ8GHu/NMDMvTKUw6LrfTmVtfWNzq7pd29nd2z+oHx49miTTjPsskYnuhtRwKRT3UaDk3VRzGoeSd8LJbeF3nrg2IlEPOE15ENOREpFgFK3ku32k2aDecJvuHGSVeCVpQIn2oP7VHyYsi7lCJqkxPc9NMcipRsEkn9X6meEpZRM64j1LFY25CfL5sTNyZpUhiRJtSyGZq78nchobM41D2xlTHJtlrxD/83oZRtdBLlSaIVdssSjKJMGEFJ+TodCcoZxaQpkW9lbCxlRThjafmg3BW355lfgXzZume3/ZaJEyjSqcwCmcgwdX0II7aIMPDAQ8wyu8Ocp5cd6dj0VrxSlnjuEPnM8f8gCOMw==</latexit>
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tanh

Fig. 4. Architecture of tGRU. E.g. if tgapk = 2.4τ , the time gap embedding is the linear
combination of e2τ and e3τ , with the weight wk = 0.4.

Time-aware GRU (tGRU). Unlike other forms of sequential data such as
video or stock, time gap between consecutive records in trajectory data can vary
from minutes to hours. Traditional RNNs cannot model this unique character-
istic in trajectory data and fail to perform well due to the varying time gap
information in trajectory completion. In order to modulate the influence of a
record towards its preceding or succeeding records within a trajectory w.r.t. the
time gap between each consecutive pair of records, we propose a novel time-aware
GRU (tGRU).

Time Gap Encoding. Recall that in Definition 1, we specified a constraint
such that the temporal difference between any consecutive pair of records in a
trajectory is no larger than a predefined threshold δ. As such, to encode time
gaps, we segment the time period [0, δ] into G equal-length periods with duration
τ = δ/G, and obtain G+ 1 segment points. The time gap value for a record rk
is defined as tgapk = tk− tk−1, i.e. the temporal difference between record rk and
its preceding record. To encode tgapk , we perform the following steps:

i pk = btgapk /τc; i sk = dtgapk /τe;
wk = tgapk /τ − i pk;

egapk = (1− wk) · i pk ·Egap + wk · i sk ·Egap

where i pk and i sk are the indexes for its preceding and succeeding segment points
in [0, δ]. i pk and i sk are one-hot encodings of i pk and i sk. Egap ∈ R(G+1)×dgap is
the embedding matrix for the G+1 segment points. An arbitrary time gap tgapk

should lie in between two segment points, and thus we use a weighted sum of
the embeddings of its preceding and succeeding segment points to compute the
encoding of tgapk . Figure 4 illustrates the idea of time gap encoding in tGRU.

Operations in tGRU. To effectively fuse the multi-factor embedding ek and
the time gap encoding egapk , we rely on our proposed tGRU. At each time step k,
w.r.t. the k-th record rk in a trajectory, tGRU performs the following operations

The time gap value for the first record in any trajectory is always zero, i.e. tgap1 = 0.
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to generate the corresponding hidden state hk:

(rk, zk)
ᵀ = σ (WI · ek +UI · hk−1 + b) (1)

ck = tanh (WC · ek +UC · rk · hk−1) (2)

h′
k = zk · ck + (1− zk) · hk−1 (3)

hk = h′
k + egapk (4)

where WI , UI , WC , UC and b are the learnable parameters of tGRU, while
σ(·) and tanh(·) are the sigmoid and hyperbolic tangent activation functions.
The key difference to GRU lies in Equation 4, which modulates the influence of
preceding records in a trajectory based on the encoded time gap information.
The final learned representation for a record rk, i.e. vk, can be obtained by
applying two RNNs in a bi-directional setting as follows:

−→
hk =

−−−→
RNN(ek,

−−→
tgapk );

←−
hk =

←−−−
RNN(ek,

←−−
tgapk ) (5)

vk = [
−→
hk;
←−
hk] (6)

where
−−−→
RNN and

←−−−
RNN are the RNNs equipped with tGRU in the forward and

backward directions;
−−→
tgapk and

←−−
tgapk are the time gap values in forward and back-

ward sequences. Assuming that the hidden state size of tGRU is h, the learned
representation vk for a record rk will be a 2h-dimensional vector which contains
all related information from the reference trajectory.

3.4 Location Estimation and Optimization

Location Estimation To complement the context-guided neural filtering mod-
ule, we propose a popularity-weighted attention network which takes the
record embeddings as input and estimates the probability over candidate loca-
tions. Inspired by [25], we find that employing multi-head attention can enhance
the completion accuracy due to its capability to attend to information from
different embedding subspaces.

Specifically, after applying the bi-directional RNN to encode all trajectories
in Ta

u and Au, we can obtain the learned representations of records within them.

For estimating l̂, we are interested in records whose locations are in the pool
of P candidate locations La

u. We refer to all such records as reference records,
and correspondingly, the collection of Z reference record embeddings as Va

u =
[v1, ...,vZ ]. For each record embedding vz ∈ Va

u, we denote its corresponding
location as lz. As for the anchor record rA for which we would like to estimate
the location l̂, we denote its learned representation as vA.

When estimating the location l̂, we adjust the attention weights for records
belonging to each location l ∈ La

u w.r.t. its popularity. The popularity-based
weight for any location l can be derived as follows:

g(l) =

{
1, nl ≤ γ

min{nl/γ, 3}, nl > γ
(7)
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l3
<latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit><latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit><latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit>

l2
<latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit>

l1
<latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit>

l̃
<latexit sha1_base64="eXW+yfYrFuBqD0I4qXkNywTLFeo=">AAAB73icbVBNS8NAEN3Ur1q/qh69LBahp5KKoN4KXjxWMLbShrLZTNqlm03YnQgl9Fd48aDi1b/jzX/jts1BWx8MPN6bYWZekEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmOXg8kYnuBsyAFAo8FCihm2pgcSChE4xvZn7nCbQRibrHSQp+zIZKRIIztNJjH4UMIZfTQbXmNtw56CppFqRGCrQH1a9+mPAsBoVcMmN6TTdFP2caBZcwrfQzAynjYzaEnqWKxWD8fH7wlJ5ZJaRRom0ppHP190TOYmMmcWA7Y4Yjs+zNxP+8XobRlZ8LlWYIii8WRZmkmNDZ9zQUGjjKiSWMa2FvpXzENONoM6rYEJrLL68S77xx3XDvLmqtepFGmZyQU1InTXJJWuSWtIlHOInJM3klb452Xpx352PRWnKKmWPyB87nD5PykF8=</latexit><latexit sha1_base64="eXW+yfYrFuBqD0I4qXkNywTLFeo=">AAAB73icbVBNS8NAEN3Ur1q/qh69LBahp5KKoN4KXjxWMLbShrLZTNqlm03YnQgl9Fd48aDi1b/jzX/jts1BWx8MPN6bYWZekEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmOXg8kYnuBsyAFAo8FCihm2pgcSChE4xvZn7nCbQRibrHSQp+zIZKRIIztNJjH4UMIZfTQbXmNtw56CppFqRGCrQH1a9+mPAsBoVcMmN6TTdFP2caBZcwrfQzAynjYzaEnqWKxWD8fH7wlJ5ZJaRRom0ppHP190TOYmMmcWA7Y4Yjs+zNxP+8XobRlZ8LlWYIii8WRZmkmNDZ9zQUGjjKiSWMa2FvpXzENONoM6rYEJrLL68S77xx3XDvLmqtepFGmZyQU1InTXJJWuSWtIlHOInJM3klb452Xpx352PRWnKKmWPyB87nD5PykF8=</latexit><latexit sha1_base64="eXW+yfYrFuBqD0I4qXkNywTLFeo=">AAAB73icbVBNS8NAEN3Ur1q/qh69LBahp5KKoN4KXjxWMLbShrLZTNqlm03YnQgl9Fd48aDi1b/jzX/jts1BWx8MPN6bYWZekEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmOXg8kYnuBsyAFAo8FCihm2pgcSChE4xvZn7nCbQRibrHSQp+zIZKRIIztNJjH4UMIZfTQbXmNtw56CppFqRGCrQH1a9+mPAsBoVcMmN6TTdFP2caBZcwrfQzAynjYzaEnqWKxWD8fH7wlJ5ZJaRRom0ppHP190TOYmMmcWA7Y4Yjs+zNxP+8XobRlZ8LlWYIii8WRZmkmNDZ9zQUGjjKiSWMa2FvpXzENONoM6rYEJrLL68S77xx3XDvLmqtepFGmZyQU1InTXJJWuSWtIlHOInJM3klb452Xpx352PRWnKKmWPyB87nD5PykF8=</latexit>

l1
<latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit>

�	�������	����
� F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

g(l2)
<latexit sha1_base64="adxV8DF8v4y3b049cyYBzm/Iqwo=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7JLSNQbiRePmLhAAhvSLV2odNtN2zUhG/6DFw9qvPqDvPlvLLAHBV8yyct7M5mZFyacaeO6305hY3Nre6e4W9rbPzg8Kh+ftLVMFaE+kVyqbog15UxQ3zDDaTdRFMchp51wcjv3O09UaSbFg5kmNIjxSLCIEWys1B5V+aB+OShX3Jq7AFonXk4qkKM1KH/1h5KkMRWGcKx1z3MTE2RYGUY4nZX6qaYJJhM8oj1LBY6pDrLFtTN0YZUhiqSyJQxaqL8nMhxrPY1D2xljM9ar3lz8z+ulJroOMiaS1FBBlouilCMj0fx1NGSKEsOnlmCimL0VkTFWmBgbUMmG4K2+vE78eu2m5t43Kk2Up1GEMziHKnhwBU24gxb4QOARnuEV3hzpvDjvzseyteDkM6fwB87nD+bCjhw=</latexit><latexit sha1_base64="adxV8DF8v4y3b049cyYBzm/Iqwo=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7JLSNQbiRePmLhAAhvSLV2odNtN2zUhG/6DFw9qvPqDvPlvLLAHBV8yyct7M5mZFyacaeO6305hY3Nre6e4W9rbPzg8Kh+ftLVMFaE+kVyqbog15UxQ3zDDaTdRFMchp51wcjv3O09UaSbFg5kmNIjxSLCIEWys1B5V+aB+OShX3Jq7AFonXk4qkKM1KH/1h5KkMRWGcKx1z3MTE2RYGUY4nZX6qaYJJhM8oj1LBY6pDrLFtTN0YZUhiqSyJQxaqL8nMhxrPY1D2xljM9ar3lz8z+ulJroOMiaS1FBBlouilCMj0fx1NGSKEsOnlmCimL0VkTFWmBgbUMmG4K2+vE78eu2m5t43Kk2Up1GEMziHKnhwBU24gxb4QOARnuEV3hzpvDjvzseyteDkM6fwB87nD+bCjhw=</latexit><latexit sha1_base64="adxV8DF8v4y3b049cyYBzm/Iqwo=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7JLSNQbiRePmLhAAhvSLV2odNtN2zUhG/6DFw9qvPqDvPlvLLAHBV8yyct7M5mZFyacaeO6305hY3Nre6e4W9rbPzg8Kh+ftLVMFaE+kVyqbog15UxQ3zDDaTdRFMchp51wcjv3O09UaSbFg5kmNIjxSLCIEWys1B5V+aB+OShX3Jq7AFonXk4qkKM1KH/1h5KkMRWGcKx1z3MTE2RYGUY4nZX6qaYJJhM8oj1LBY6pDrLFtTN0YZUhiqSyJQxaqL8nMhxrPY1D2xljM9ar3lz8z+ulJroOMiaS1FBBlouilCMj0fx1NGSKEsOnlmCimL0VkTFWmBgbUMmG4K2+vE78eu2m5t43Kk2Up1GEMziHKnhwBU24gxb4QOARnuEV3hzpvDjvzseyteDkM6fwB87nD+bCjhw=</latexit>

g(l2)
<latexit sha1_base64="adxV8DF8v4y3b049cyYBzm/Iqwo=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7JLSNQbiRePmLhAAhvSLV2odNtN2zUhG/6DFw9qvPqDvPlvLLAHBV8yyct7M5mZFyacaeO6305hY3Nre6e4W9rbPzg8Kh+ftLVMFaE+kVyqbog15UxQ3zDDaTdRFMchp51wcjv3O09UaSbFg5kmNIjxSLCIEWys1B5V+aB+OShX3Jq7AFonXk4qkKM1KH/1h5KkMRWGcKx1z3MTE2RYGUY4nZX6qaYJJhM8oj1LBY6pDrLFtTN0YZUhiqSyJQxaqL8nMhxrPY1D2xljM9ar3lz8z+ulJroOMiaS1FBBlouilCMj0fx1NGSKEsOnlmCimL0VkTFWmBgbUMmG4K2+vE78eu2m5t43Kk2Up1GEMziHKnhwBU24gxb4QOARnuEV3hzpvDjvzseyteDkM6fwB87nD+bCjhw=</latexit><latexit sha1_base64="adxV8DF8v4y3b049cyYBzm/Iqwo=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7JLSNQbiRePmLhAAhvSLV2odNtN2zUhG/6DFw9qvPqDvPlvLLAHBV8yyct7M5mZFyacaeO6305hY3Nre6e4W9rbPzg8Kh+ftLVMFaE+kVyqbog15UxQ3zDDaTdRFMchp51wcjv3O09UaSbFg5kmNIjxSLCIEWys1B5V+aB+OShX3Jq7AFonXk4qkKM1KH/1h5KkMRWGcKx1z3MTE2RYGUY4nZX6qaYJJhM8oj1LBY6pDrLFtTN0YZUhiqSyJQxaqL8nMhxrPY1D2xljM9ar3lz8z+ulJroOMiaS1FBBlouilCMj0fx1NGSKEsOnlmCimL0VkTFWmBgbUMmG4K2+vE78eu2m5t43Kk2Up1GEMziHKnhwBU24gxb4QOARnuEV3hzpvDjvzseyteDkM6fwB87nD+bCjhw=</latexit><latexit sha1_base64="adxV8DF8v4y3b049cyYBzm/Iqwo=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7JLSNQbiRePmLhAAhvSLV2odNtN2zUhG/6DFw9qvPqDvPlvLLAHBV8yyct7M5mZFyacaeO6305hY3Nre6e4W9rbPzg8Kh+ftLVMFaE+kVyqbog15UxQ3zDDaTdRFMchp51wcjv3O09UaSbFg5kmNIjxSLCIEWys1B5V+aB+OShX3Jq7AFonXk4qkKM1KH/1h5KkMRWGcKx1z3MTE2RYGUY4nZX6qaYJJhM8oj1LBY6pDrLFtTN0YZUhiqSyJQxaqL8nMhxrPY1D2xljM9ar3lz8z+ulJroOMiaS1FBBlouilCMj0fx1NGSKEsOnlmCimL0VkTFWmBgbUMmG4K2+vE78eu2m5t43Kk2Up1GEMziHKnhwBU24gxb4QOARnuEV3hzpvDjvzseyteDkM6fwB87nD+bCjhw=</latexit>

g(l1)
<latexit sha1_base64="GVYB4x9OnHQ0w4QZsZ1jDEqpGLI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBahXkoignorePFYwbSFNpTNdtOu3eyG3Y1QQv+DFw8qXv1B3vw3btMctPXBwOO9GWbmhQln2rjut1NaW9/Y3CpvV3Z29/YPqodHbS1TRahPJJeqG2JNORPUN8xw2k0UxXHIaSec3M79zhNVmknxYKYJDWI8EixiBBsrtUd1PvDOB9Wa23BzoFXiFaQGBVqD6ld/KEkaU2EIx1r3PDcxQYaVYYTTWaWfappgMsEj2rNU4JjqIMuvnaEzqwxRJJUtYVCu/p7IcKz1NA5tZ4zNWC97c/E/r5ea6DrImEhSQwVZLIpSjoxE89fRkClKDJ9agoli9lZExlhhYmxAFRuCt/zyKvEvGjcN9/6y1kRFGmU4gVOogwdX0IQ7aIEPBB7hGV7hzZHOi/PufCxaS04xcwx/4Hz+AOU+jhs=</latexit><latexit sha1_base64="GVYB4x9OnHQ0w4QZsZ1jDEqpGLI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBahXkoignorePFYwbSFNpTNdtOu3eyG3Y1QQv+DFw8qXv1B3vw3btMctPXBwOO9GWbmhQln2rjut1NaW9/Y3CpvV3Z29/YPqodHbS1TRahPJJeqG2JNORPUN8xw2k0UxXHIaSec3M79zhNVmknxYKYJDWI8EixiBBsrtUd1PvDOB9Wa23BzoFXiFaQGBVqD6ld/KEkaU2EIx1r3PDcxQYaVYYTTWaWfappgMsEj2rNU4JjqIMuvnaEzqwxRJJUtYVCu/p7IcKz1NA5tZ4zNWC97c/E/r5ea6DrImEhSQwVZLIpSjoxE89fRkClKDJ9agoli9lZExlhhYmxAFRuCt/zyKvEvGjcN9/6y1kRFGmU4gVOogwdX0IQ7aIEPBB7hGV7hzZHOi/PufCxaS04xcwx/4Hz+AOU+jhs=</latexit><latexit sha1_base64="GVYB4x9OnHQ0w4QZsZ1jDEqpGLI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBahXkoignorePFYwbSFNpTNdtOu3eyG3Y1QQv+DFw8qXv1B3vw3btMctPXBwOO9GWbmhQln2rjut1NaW9/Y3CpvV3Z29/YPqodHbS1TRahPJJeqG2JNORPUN8xw2k0UxXHIaSec3M79zhNVmknxYKYJDWI8EixiBBsrtUd1PvDOB9Wa23BzoFXiFaQGBVqD6ld/KEkaU2EIx1r3PDcxQYaVYYTTWaWfappgMsEj2rNU4JjqIMuvnaEzqwxRJJUtYVCu/p7IcKz1NA5tZ4zNWC97c/E/r5ea6DrImEhSQwVZLIpSjoxE89fRkClKDJ9agoli9lZExlhhYmxAFRuCt/zyKvEvGjcN9/6y1kRFGmU4gVOogwdX0IQ7aIEPBB7hGV7hzZHOi/PufCxaS04xcwx/4Hz+AOU+jhs=</latexit>

g(l3)
<latexit sha1_base64="SJ5Yfra9EI6pzEcafdxW9GS6hUI=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7IrJuqNxItHTFwggQ3pli5Uuu2m7ZqQDf/Biwc1Xv1B3vw3FtiDgi+Z5OW9mczMCxPOtHHdb6ewtr6xuVXcLu3s7u0flA+PWlqmilCfSC5VJ8Saciaob5jhtJMoiuOQ03Y4vp357SeqNJPiwUwSGsR4KFjECDZWag2rvF8/75crbs2dA60SLycVyNHsl796A0nSmApDONa667mJCTKsDCOcTku9VNMEkzEe0q6lAsdUB9n82ik6s8oARVLZEgbN1d8TGY61nsSh7YyxGellbyb+53VTE10HGRNJaqggi0VRypGRaPY6GjBFieETSzBRzN6KyAgrTIwNqGRD8JZfXiX+Re2m5t5fVhooT6MIJ3AKVfDgChpwB03wgcAjPMMrvDnSeXHenY9Fa8HJZ47hD5zPH+hGjh0=</latexit><latexit sha1_base64="SJ5Yfra9EI6pzEcafdxW9GS6hUI=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7IrJuqNxItHTFwggQ3pli5Uuu2m7ZqQDf/Biwc1Xv1B3vw3FtiDgi+Z5OW9mczMCxPOtHHdb6ewtr6xuVXcLu3s7u0flA+PWlqmilCfSC5VJ8Saciaob5jhtJMoiuOQ03Y4vp357SeqNJPiwUwSGsR4KFjECDZWag2rvF8/75crbs2dA60SLycVyNHsl796A0nSmApDONa667mJCTKsDCOcTku9VNMEkzEe0q6lAsdUB9n82ik6s8oARVLZEgbN1d8TGY61nsSh7YyxGellbyb+53VTE10HGRNJaqggi0VRypGRaPY6GjBFieETSzBRzN6KyAgrTIwNqGRD8JZfXiX+Re2m5t5fVhooT6MIJ3AKVfDgChpwB03wgcAjPMMrvDnSeXHenY9Fa8HJZ47hD5zPH+hGjh0=</latexit><latexit sha1_base64="SJ5Yfra9EI6pzEcafdxW9GS6hUI=">AAAB7HicbVBNTwIxEJ3FL8Qv1KOXRmKCF7IrJuqNxItHTFwggQ3pli5Uuu2m7ZqQDf/Biwc1Xv1B3vw3FtiDgi+Z5OW9mczMCxPOtHHdb6ewtr6xuVXcLu3s7u0flA+PWlqmilCfSC5VJ8Saciaob5jhtJMoiuOQ03Y4vp357SeqNJPiwUwSGsR4KFjECDZWag2rvF8/75crbs2dA60SLycVyNHsl796A0nSmApDONa667mJCTKsDCOcTku9VNMEkzEe0q6lAsdUB9n82ik6s8oARVLZEgbN1d8TGY61nsSh7YyxGellbyb+53VTE10HGRNJaqggi0VRypGRaPY6GjBFieETSzBRzN6KyAgrTIwNqGRD8JZfXiX+Re2m5t5fVhooT6MIJ3AKVfDgChpwB03wgcAjPMMrvDnSeXHenY9Fa8HJZ47hD5zPH+hGjh0=</latexit>

g(l1)
<latexit sha1_base64="GVYB4x9OnHQ0w4QZsZ1jDEqpGLI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBahXkoignorePFYwbSFNpTNdtOu3eyG3Y1QQv+DFw8qXv1B3vw3btMctPXBwOO9GWbmhQln2rjut1NaW9/Y3CpvV3Z29/YPqodHbS1TRahPJJeqG2JNORPUN8xw2k0UxXHIaSec3M79zhNVmknxYKYJDWI8EixiBBsrtUd1PvDOB9Wa23BzoFXiFaQGBVqD6ld/KEkaU2EIx1r3PDcxQYaVYYTTWaWfappgMsEj2rNU4JjqIMuvnaEzqwxRJJUtYVCu/p7IcKz1NA5tZ4zNWC97c/E/r5ea6DrImEhSQwVZLIpSjoxE89fRkClKDJ9agoli9lZExlhhYmxAFRuCt/zyKvEvGjcN9/6y1kRFGmU4gVOogwdX0IQ7aIEPBB7hGV7hzZHOi/PufCxaS04xcwx/4Hz+AOU+jhs=</latexit><latexit sha1_base64="GVYB4x9OnHQ0w4QZsZ1jDEqpGLI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBahXkoignorePFYwbSFNpTNdtOu3eyG3Y1QQv+DFw8qXv1B3vw3btMctPXBwOO9GWbmhQln2rjut1NaW9/Y3CpvV3Z29/YPqodHbS1TRahPJJeqG2JNORPUN8xw2k0UxXHIaSec3M79zhNVmknxYKYJDWI8EixiBBsrtUd1PvDOB9Wa23BzoFXiFaQGBVqD6ld/KEkaU2EIx1r3PDcxQYaVYYTTWaWfappgMsEj2rNU4JjqIMuvnaEzqwxRJJUtYVCu/p7IcKz1NA5tZ4zNWC97c/E/r5ea6DrImEhSQwVZLIpSjoxE89fRkClKDJ9agoli9lZExlhhYmxAFRuCt/zyKvEvGjcN9/6y1kRFGmU4gVOogwdX0IQ7aIEPBB7hGV7hzZHOi/PufCxaS04xcwx/4Hz+AOU+jhs=</latexit><latexit sha1_base64="GVYB4x9OnHQ0w4QZsZ1jDEqpGLI=">AAAB7HicbVBNS8NAEJ3Ur1q/qh69LBahXkoignorePFYwbSFNpTNdtOu3eyG3Y1QQv+DFw8qXv1B3vw3btMctPXBwOO9GWbmhQln2rjut1NaW9/Y3CpvV3Z29/YPqodHbS1TRahPJJeqG2JNORPUN8xw2k0UxXHIaSec3M79zhNVmknxYKYJDWI8EixiBBsrtUd1PvDOB9Wa23BzoFXiFaQGBVqD6ld/KEkaU2EIx1r3PDcxQYaVYYTTWaWfappgMsEj2rNU4JjqIMuvnaEzqwxRJJUtYVCu/p7IcKz1NA5tZ4zNWC97c/E/r5ea6DrImEhSQwVZLIpSjoxE89fRkClKDJ9agoli9lZExlhhYmxAFRuCt/zyKvEvGjcN9/6y1kRFGmU4gVOogwdX0IQ7aIEPBB7hGV7hzZHOi/PufCxaS04xcwx/4Hz+AOU+jhs=</latexit>

����������	�

1

l2
<latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit>

l3
<latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit><latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit><latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit>

l2
<latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit>

l1
<latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit>

l1
<latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit>

l1
<latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit><latexit sha1_base64="hmfvQpYX7JncTy4JKBOqJgLGpoA=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIoN4KXjxWNLbQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6NEmmGfdZIhPdCanhUijuo0DJO6nmNA4lb4fjm5nffuLaiEQ94CTlQUyHSkSCUbTSvex7/WrNbbhzkFXiFaQGBVr96ldvkLAs5gqZpMZ0PTfFIKcaBZN8WullhqeUjemQdy1VNOYmyOenTsmZVQYkSrQthWSu/p7IaWzMJA5tZ0xxZJa9mfif180wugpyodIMuWKLRVEmCSZk9jcZCM0ZyokllGlhbyVsRDVlaNOp2BC85ZdXiX/euG64dxe1Zr1IowwncAp18OASmnALLfCBwRCe4RXeHOm8OO/Ox6K15BQzx/AHzucPXxWNTQ==</latexit>

l2
<latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit><latexit sha1_base64="VVCCHPuGsmzAGHeEXwqHZfsOlro=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBahp5IUQb0VvHisaLTQhrLZbtqlm03YnQgl9Cd48aDi1X/kzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTx6MEmmGfdZIhPdCanhUijuo0DJO6nmNA4lfwzH1zP/8YlrIxJ1j5OUBzEdKhEJRtFKd7Lf7FdrbsOdg6wSryA1KNDuV796g4RlMVfIJDWm67kpBjnVKJjk00ovMzylbEyHvGupojE3QT4/dUrOrDIgUaJtKSRz9fdETmNjJnFoO2OKI7PszcT/vG6G0WWQC5VmyBVbLIoySTAhs7/JQGjOUE4soUwLeythI6opQ5tOxYbgLb+8Svxm46rh3p7XWvUijTKcwCnUwYMLaMENtMEHBkN4hld4c6Tz4rw7H4vWklPMHMMfOJ8/YJiNTg==</latexit>

l3
<latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit><latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit><latexit sha1_base64="dxEQsXbLyOoWDauqe3wuWU2RZXc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSL0VBIV1FvBi8eKxhbaUDbbTbt0swm7E6GE/gQvHlS8+o+8+W/ctjlo64OBx3szzMwLUykMuu63s7K6tr6xWdoqb+/s7u1XDg4fTZJpxn2WyES3Q2q4FIr7KFDydqo5jUPJW+HoZuq3nrg2IlEPOE55ENOBEpFgFK10L3vnvUrVrbszkGXiFaQKBZq9yle3n7As5gqZpMZ0PDfFIKcaBZN8Uu5mhqeUjeiAdyxVNOYmyGenTsipVfokSrQthWSm/p7IaWzMOA5tZ0xxaBa9qfif18kwugpyodIMuWLzRVEmCSZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2xC8xZeXiX9Wv667dxfVRq1IowTHcAI18OASGnALTfCBwQCe4RXeHOm8OO/Ox7x1xSlmjuAPnM8fYhuNTw==</latexit>

PR
<latexit sha1_base64="z77jzGdsp0YtBn9U3rp7u6WQIjA=">AAAB/3icbZDNSsNAFIVv6l+tf1UXLtwMFsFVSURQdwU3LqsYW2hDmEwn7dDJJMxMhBKy8VXcuFBx62u4822ctBG09cDAx7n3MveeIOFMadv+sipLyyura9X12sbm1vZOfXfvXsWpJNQlMY9lN8CKciaoq5nmtJtIiqOA004wvirqnQcqFYvFnZ4k1IvwULCQEayN5dcP+hHWoyDM2rmf/fBtnvv1ht20p0KL4JTQgFJtv/7ZH8QkjajQhGOleo6daC/DUjPCaV7rp4ommIzxkPYMChxR5WXTA3J0bJwBCmNpntBo6v6eyHCk1CQKTGexopqvFeZ/tV6qwwsvYyJJNRVk9lGYcqRjVKSBBkxSovnEACaSmV0RGWGJiTaZ1UwIzvzJi+CeNi+b9s1Zo4XKNKpwCEdwAg6cQwuuoQ0uEMjhCV7g1Xq0nq03633WWrHKmX34I+vjGwaxlsc=</latexit><latexit sha1_base64="z77jzGdsp0YtBn9U3rp7u6WQIjA=">AAAB/3icbZDNSsNAFIVv6l+tf1UXLtwMFsFVSURQdwU3LqsYW2hDmEwn7dDJJMxMhBKy8VXcuFBx62u4822ctBG09cDAx7n3MveeIOFMadv+sipLyyura9X12sbm1vZOfXfvXsWpJNQlMY9lN8CKciaoq5nmtJtIiqOA004wvirqnQcqFYvFnZ4k1IvwULCQEayN5dcP+hHWoyDM2rmf/fBtnvv1ht20p0KL4JTQgFJtv/7ZH8QkjajQhGOleo6daC/DUjPCaV7rp4ommIzxkPYMChxR5WXTA3J0bJwBCmNpntBo6v6eyHCk1CQKTGexopqvFeZ/tV6qwwsvYyJJNRVk9lGYcqRjVKSBBkxSovnEACaSmV0RGWGJiTaZ1UwIzvzJi+CeNi+b9s1Zo4XKNKpwCEdwAg6cQwuuoQ0uEMjhCV7g1Xq0nq03633WWrHKmX34I+vjGwaxlsc=</latexit><latexit sha1_base64="z77jzGdsp0YtBn9U3rp7u6WQIjA=">AAAB/3icbZDNSsNAFIVv6l+tf1UXLtwMFsFVSURQdwU3LqsYW2hDmEwn7dDJJMxMhBKy8VXcuFBx62u4822ctBG09cDAx7n3MveeIOFMadv+sipLyyura9X12sbm1vZOfXfvXsWpJNQlMY9lN8CKciaoq5nmtJtIiqOA004wvirqnQcqFYvFnZ4k1IvwULCQEayN5dcP+hHWoyDM2rmf/fBtnvv1ht20p0KL4JTQgFJtv/7ZH8QkjajQhGOleo6daC/DUjPCaV7rp4ommIzxkPYMChxR5WXTA3J0bJwBCmNpntBo6v6eyHCk1CQKTGexopqvFeZ/tV6qwwsvYyJJNRVk9lGYcqRjVKSBBkxSovnEACaSmV0RGWGJiTaZ1UwIzvzJi+CeNi+b9s1Zo4XKNKpwCEdwAg6cQwuuoQ0uEMjhCV7g1Xq0nq03633WWrHKmX34I+vjGwaxlsc=</latexit>

PL
<latexit sha1_base64="PrGIcXS2+TxYR3rcbIUjL7LYshg=">AAAB/3icbZDNSsNAFIVv6l+tf1UXLtwMFsFVSURQdwU3LlxUMLbQhjCZTtqhk0mYmQglZOOruHGh4tbXcOfbOGkjaOuBgY9z72XuPUHCmdK2/WVVlpZXVteq67WNza3tnfru3r2KU0moS2Iey26AFeVMUFczzWk3kRRHAaedYHxV1DsPVCoWizs9SagX4aFgISNYG8uvH/QjrEdBmLVzP/vhmzz36w27aU+FFsEpoQGl2n79sz+ISRpRoQnHSvUcO9FehqVmhNO81k8VTTAZ4yHtGRQ4osrLpgfk6Ng4AxTG0jyh0dT9PZHhSKlJFJjOYkU1XyvM/2q9VIcXXsZEkmoqyOyjMOVIx6hIAw2YpETziQFMJDO7IjLCEhNtMquZEJz5kxfBPW1eNu3bs0YLlWlU4RCO4AQcOIcWXEMbXCCQwxO8wKv1aD1bb9b7rLVilTP78EfWxzf9hJbB</latexit><latexit sha1_base64="PrGIcXS2+TxYR3rcbIUjL7LYshg=">AAAB/3icbZDNSsNAFIVv6l+tf1UXLtwMFsFVSURQdwU3LlxUMLbQhjCZTtqhk0mYmQglZOOruHGh4tbXcOfbOGkjaOuBgY9z72XuPUHCmdK2/WVVlpZXVteq67WNza3tnfru3r2KU0moS2Iey26AFeVMUFczzWk3kRRHAaedYHxV1DsPVCoWizs9SagX4aFgISNYG8uvH/QjrEdBmLVzP/vhmzz36w27aU+FFsEpoQGl2n79sz+ISRpRoQnHSvUcO9FehqVmhNO81k8VTTAZ4yHtGRQ4osrLpgfk6Ng4AxTG0jyh0dT9PZHhSKlJFJjOYkU1XyvM/2q9VIcXXsZEkmoqyOyjMOVIx6hIAw2YpETziQFMJDO7IjLCEhNtMquZEJz5kxfBPW1eNu3bs0YLlWlU4RCO4AQcOIcWXEMbXCCQwxO8wKv1aD1bb9b7rLVilTP78EfWxzf9hJbB</latexit><latexit sha1_base64="PrGIcXS2+TxYR3rcbIUjL7LYshg=">AAAB/3icbZDNSsNAFIVv6l+tf1UXLtwMFsFVSURQdwU3LlxUMLbQhjCZTtqhk0mYmQglZOOruHGh4tbXcOfbOGkjaOuBgY9z72XuPUHCmdK2/WVVlpZXVteq67WNza3tnfru3r2KU0moS2Iey26AFeVMUFczzWk3kRRHAaedYHxV1DsPVCoWizs9SagX4aFgISNYG8uvH/QjrEdBmLVzP/vhmzz36w27aU+FFsEpoQGl2n79sz+ISRpRoQnHSvUcO9FehqVmhNO81k8VTTAZ4yHtGRQ4osrLpgfk6Ng4AxTG0jyh0dT9PZHhSKlJFJjOYkU1XyvM/2q9VIcXXsZEkmoqyOyjMOVIx6hIAw2YpETziQFMJDO7IjLCEhNtMquZEJz5kxfBPW1eNu3bs0YLlWlU4RCO4AQcOIcWXEMbXCCQwxO8wKv1aD1bb9b7rLVilTP78EfWxzf9hJbB</latexit>

F
<latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit><latexit sha1_base64="nhq0NNqrcWe9JFQmoiDo31zb/oo=">AAAB53icbVBNS8NAEJ3Ur1q/ql4EL4tF8FRSEdRbQRCPLRhbaEPZbCft2s0m7G6EEvoLvHhQ8epf8ua/cdvmoK0PBh7vzTAzL0gE18Z1v53Cyura+kZxs7S1vbO7V94/eNBxqhh6LBaxagdUo+ASPcONwHaikEaBwFYwupn6rSdUmsfy3owT9CM6kDzkjBorNW975YpbdWcgy6SWkwrkaPTKX91+zNIIpWGCat2puYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzQ6dkFOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCKz/jMkkNSjZfFKaCmJhMvyZ9rpAZMbaEMsXtrYQNqaLM2GxKNoTa4svLxDuvXlfd5kWlfpSnUYRjOIEzqMEl1OEOGuABA4RneIU359F5cd6dj3lrwclnDuEPnM8f/AaMcw==</latexit>

l̂
<latexit sha1_base64="5yyu2YJMKKlWVWiEC0b2HdJHNBU=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIUL0VvHisYGyhDWWz3bRLN5uwOxFK6I/w4kHFq//Hm//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzyaJJMM+6zRCa6G1LDpVDcR4GSd1PNaRxK3gknt3O/88S1EYl6wGnKg5iOlIgEo2ilTn9MMZezQbXmNtwFyDrxClKDAu1B9as/TFgWc4VMUmN6nptikFONgkk+q/Qzw1PKJnTEe5YqGnMT5ItzZ+TCKkMSJdqWQrJQf0/kNDZmGoe2M6Y4NqveXPzP62UYXQe5UGmGXLHloiiTBBMy/50MheYM5dQSyrSwtxI2ppoytAlVbAje6svrxL9s3DTc+6taq16kUYYzOIc6eNCEFtxBG3xgMIFneIU3J3VenHfnY9lacoqZU/gD5/MHAbePdg==</latexit><latexit sha1_base64="5yyu2YJMKKlWVWiEC0b2HdJHNBU=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIUL0VvHisYGyhDWWz3bRLN5uwOxFK6I/w4kHFq//Hm//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzyaJJMM+6zRCa6G1LDpVDcR4GSd1PNaRxK3gknt3O/88S1EYl6wGnKg5iOlIgEo2ilTn9MMZezQbXmNtwFyDrxClKDAu1B9as/TFgWc4VMUmN6nptikFONgkk+q/Qzw1PKJnTEe5YqGnMT5ItzZ+TCKkMSJdqWQrJQf0/kNDZmGoe2M6Y4NqveXPzP62UYXQe5UGmGXLHloiiTBBMy/50MheYM5dQSyrSwtxI2ppoytAlVbAje6svrxL9s3DTc+6taq16kUYYzOIc6eNCEFtxBG3xgMIFneIU3J3VenHfnY9lacoqZU/gD5/MHAbePdg==</latexit><latexit sha1_base64="5yyu2YJMKKlWVWiEC0b2HdJHNBU=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBahp5KIUL0VvHisYGyhDWWz3bRLN5uwOxFK6I/w4kHFq//Hm//GbZuDtj4YeLw3w8y8MJXCoOt+O6WNza3tnfJuZW//4PCoenzyaJJMM+6zRCa6G1LDpVDcR4GSd1PNaRxK3gknt3O/88S1EYl6wGnKg5iOlIgEo2ilTn9MMZezQbXmNtwFyDrxClKDAu1B9as/TFgWc4VMUmN6nptikFONgkk+q/Qzw1PKJnTEe5YqGnMT5ItzZ+TCKkMSJdqWQrJQf0/kNDZmGoe2M6Y4NqveXPzP62UYXQe5UGmGXLHloiiTBBMy/50MheYM5dQSyrSwtxI2ppoytAlVbAje6svrxL9s3DTc+6taq16kUYYzOIc6eNCEFtxBG3xgMIFneIU3J3VenHfnY9lacoqZU/gD5/MHAbePdg==</latexit>

PR
0

<latexit sha1_base64="CJo7XkrpzNBmkzCLr4easMqotXI=">AAACAnicbZDLSsNAFIZP6q3WW9SdboLFy6okIqi7ghuXVYwttCFMppN26GQSZiZCCQE3voobFypufQp3vo2TNohWfxj4+M85zDl/kDAqlW1/GpW5+YXFpepybWV1bX3D3Ny6lXEqMHFxzGLRCZAkjHLiKqoY6SSCoChgpB2MLop6+44ISWN+o8YJ8SI04DSkGClt+eZO1ouQGgZh1sr9b77O8/zQN+t2w57I+gtOCXUo1fLNj14/xmlEuMIMSdl17ER5GRKKYkbyWi+VJEF4hAakq5GjiEgvm9yQW/va6VthLPTjypq4PycyFEk5jgLdWSwpZ2uF+V+tm6rwzMsoT1JFOJ5+FKbMUrFVBGL1qSBYsbEGhAXVu1p4iATCSsdW0yE4syf/Bfe4cd6wr07qzYMyjSrswh4cgQOn0IRLaIELGO7hEZ7hxXgwnoxX423aWjHKmW34JeP9C0mUmAo=</latexit><latexit sha1_base64="CJo7XkrpzNBmkzCLr4easMqotXI=">AAACAnicbZDLSsNAFIZP6q3WW9SdboLFy6okIqi7ghuXVYwttCFMppN26GQSZiZCCQE3voobFypufQp3vo2TNohWfxj4+M85zDl/kDAqlW1/GpW5+YXFpepybWV1bX3D3Ny6lXEqMHFxzGLRCZAkjHLiKqoY6SSCoChgpB2MLop6+44ISWN+o8YJ8SI04DSkGClt+eZO1ouQGgZh1sr9b77O8/zQN+t2w57I+gtOCXUo1fLNj14/xmlEuMIMSdl17ER5GRKKYkbyWi+VJEF4hAakq5GjiEgvm9yQW/va6VthLPTjypq4PycyFEk5jgLdWSwpZ2uF+V+tm6rwzMsoT1JFOJ5+FKbMUrFVBGL1qSBYsbEGhAXVu1p4iATCSsdW0yE4syf/Bfe4cd6wr07qzYMyjSrswh4cgQOn0IRLaIELGO7hEZ7hxXgwnoxX423aWjHKmW34JeP9C0mUmAo=</latexit><latexit sha1_base64="CJo7XkrpzNBmkzCLr4easMqotXI=">AAACAnicbZDLSsNAFIZP6q3WW9SdboLFy6okIqi7ghuXVYwttCFMppN26GQSZiZCCQE3voobFypufQp3vo2TNohWfxj4+M85zDl/kDAqlW1/GpW5+YXFpepybWV1bX3D3Ny6lXEqMHFxzGLRCZAkjHLiKqoY6SSCoChgpB2MLop6+44ISWN+o8YJ8SI04DSkGClt+eZO1ouQGgZh1sr9b77O8/zQN+t2w57I+gtOCXUo1fLNj14/xmlEuMIMSdl17ER5GRKKYkbyWi+VJEF4hAakq5GjiEgvm9yQW/va6VthLPTjypq4PycyFEk5jgLdWSwpZ2uF+V+tm6rwzMsoT1JFOJ5+FKbMUrFVBGL1qSBYsbEGhAXVu1p4iATCSsdW0yE4syf/Bfe4cd6wr07qzYMyjSrswh4cgQOn0IRLaIELGO7hEZ7hxXgwnoxX423aWjHKmW34JeP9C0mUmAo=</latexit>

Va
u
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Fig. 5. Popularity-weighted Attention. We reuse the candidate locations shown in Fig-
ure 2 to illustrate the operations for this module.

where nl is the number of trajectories passing through location l, and γ is the
maximum number of reference trajectories sampled for each location in La

u.
These popularity-based location weights are taken into consideration when esti-
mating l̂.

We design a popularity-weighted attention with multi-head mechanism to es-
timate l̂. Taking vA ∈ R1×2h as the query and Va

u ∈ RZ×2h as the values, it first
performs a multi-head operation. Assuming that we have F different ‘heads’, the
model performs F different linear projections for each record representation. In
other words, vA gets projected to fA ∈ RF×1×(2h/F ), and similarly, the Z record
embeddings Va

u now becomes Fa
u ∈ RF×Z×(2h/F ). To obtain a final probability

distribution over the P candidate locations, we first compute the popularity-
weighted attention score by sz = g(lz) · ( fA ⊗ Fa

u[z] ) and perform multi-head
attention by the following steps:

s = [s1, . . . , sZ ] (8)

PR = ϕ( [s1, . . . , sZ ] ) (9)

P′
R = mean by heads(PR) (10)

PL = sum over locations(P′
R) (11)

where Fa
u[z] is the F heads tensor of the z-th record embedding, g(lz) is the pop-

ularity weight of lz, ⊗ is the batch matrix multiplication operation, PR ∈ RZ×F

are F probability distributions of heads; P′
R ∈ RZ is the overall probability over

the Z records; and PL ∈ RP is the visiting probability over La
u. Figure 5 provides

a simple illustration of our proposed popularity-weighted multi-head attention,
and our model selects the location with the highest probability in PL as the final
estimated location l̂.

Model Optimization Given a training sample (T a
u , t

∗)→ l∗, the loss function
of TrajCom contains two parts: (1) location filtering loss Js, which encourages
l∗ to be selected by NCF; (2) location estimation loss Jm, which ensures l∗ has
the highest probability in PL. We use the cross-entropy loss to optimize these
two parts. Formally, Js and Jm are defined as follows:
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Js = − log(PL [l∗])−
∑

l ∈ La
u \ l∗

log(1−PL [l]) +
λ1

2
||ΘF ||2

Jm = − log(PL [l∗])−
∑

l ∈ La
u\l∗

log(1−PL [l]) +
λ2

2
||ΘE ||2

PL is the probability distribution of La
u generated by NCF model. PL is the

probability distribution over La
u from Equation 11; λ1 and λ2 are parameters

that used for controlling the regularization terms. We use ΘF and ΘE to denote
all trainable parameters in the NCF and the RNN encoder, respectively.

In order to train all parameters of TrajCom in an end-to-end manner, we
propose a parameter learning algorithm. For each training sample, we first check
whether the ground truth location l∗ is in the top-P locations of the NCF. If l∗

is in La
u, we only minimize Jm. Otherwise, we minimize Js and update ΘF , up to

the point whereby either l∗ ∈ La
u has been satisfied or the maximum number of

iterations η has been reached (lines 4-8). For optimization, we use two RMSProp
optimizers for these two losses. Back Propagation Through Time[26] algorithm
is employed to learn the parameters in ΘE .

4 Experiments
Firstly, in Section 4.1, we introduce the datasets used in our experiments. Next,
we describe the experimental settings in Section 4.2, which include the data
setup, baseline methods, and evaluation metrics. The performance comparison
and model ablation studies are detailed in Sections 4.3 and 4.4, respectively.

4.1 Datasets

We evaluate our proposed TrajCom against several baseline methods using four
publicly available real-world trajectory datasets, which can be categorized into
two groups. The first group consists of three check-in datasets from location-
based social networks: (1) Foursquare in Tokyo (TKY), (2) Foursquare in
United States (US) [3], and (3) GeoTweets, a geotagged tweet dataset in Los
Angeles [28]. For the second group, we use Geolife [34], which is a human move-
ment trajectory dataset in Beijing. Geolife contains human movement-based tra-
jectories with different transportation modes, and we use the top-3 transporta-
tion modes, namely Walking, Biking, and traveling by Car. The trajectories in
these modes are 4k, 3k and 1.5k, respectively.

Table 1. Statistical information of datasets

Dataset #record #user #loc #traj

Foursquare (TKY) 573,703 1,083 38,333 10k
Foursquare (US) 3,564,144 50,813 501,900 126k
GeoTweets (LA) 1,188,405 3,401 67,210 13k
Geolife (BJ) 5,431,867 69 40,000 8.5k



12 Di Yao et al.

4.2 Experiment Settings

Data Setup To generate incomplete trajectories for our experiments, we ran-
domly removed records from the original trajectories. Specifically, for each trajec-
tory with length L, we randomly remove bL/2c records, and treat the timestamp
in these records as the target time point for location estimation. Consequently,
we have bL/2c data samples for each input trajectory. In each dataset, we ran-
domly choose 70% of the trajectories for each user to construct the training set,
and utilize the remaining 5% and 25% for validation and testing, respectively.

Compared Methods As TrajCom does not rely on any external informa-
tion(such as road network), we restrict our comparison to baseline methods
which are not dependent on such information. Under this setting, we compare
TrajCom with a total of seven baseline methods, which can be grouped into
four categories:1 Näıve Methods. Nearest Locations (NL) chooses the nearest
neighbors based on the midpoint of the users previous locations. Most Fre-
quent Location (MFL) selects the most frequently visited locations for user
u. (2)Cluster [23] uses K-means on locations and performs context mapping
between cluster centroids and trajectories. (3)Location Prediction Methods. ST-
RNN [15] is an RNN-based method to predict the next location. SERM [28]
utilizes embedding techniques to jointly model the influence of different factors.
(4)POI Recommendation Methods: BPR [20] is a MF-based recommendation
method for implicit feedback datasets. RankGeoFM [12] is a method for POI
recommendation.

Evaluation Metrics We choose two commonly-used metrics to evaluate the
performance. The first one is Hit Ratio @k (HR@k), which examines whether
the predicted location l∗ appears in the top-k estimated locations. The second
metric is distance error ε, based on the minimum geographical distance between
l∗ and the top-5 estimated locations calculated using the Haversine formula.

Table 2. Hyperparameter values in context-guided neural filtering module.

Dataset α β γ P Acc. of NCF

Foursquare (TKY) 1.97 5.68 12 200 0.673
Foursquare (US) 1.39 33.09 10 200 0.684
GeoTweets (LA) 1.34 22.45 60 50 0.932

Distance (km) γ P Acc. of NCF
Geolife(BJ)-Walk 1.814 25 — 0.907
Geolife(BJ)-Bike 2.489 23 — 0.932
Geolife(BJ)-Car 4.227 51 — 0.948

Hyperparameter Settings For the hyperparameters in context-guided neural
filtering, we fit α and β based on the approach described in Section 3.2. The
settings are shown in Table 2. In the encoding module, we use the same number
of factors for all the embedding matrices, i.e. du = dl = dt = dNCF = 50. For
the time gap information, we partition the time gap [0, δ] into G = 20 segments,
and we use dgap = 128 to encode each segment point. We set h = 128 for tGRU,
and the number of ‘heads’ in the attention network is set as F = 8. Lastly, we
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set the maximum update threshold as η = 20, and both the learning rates lrs
and lrm as 0.01.

4.3 Performance Comparison

Tables 3 and 4 show the performance comparison of TrajCom against the
baseline methods. TrajCom outperforms the baselines significantly on most of
the datasets. Next, we explain the results and analyze the reasons on the two
groups of datasets i.e. check-in and human movement, separately.

Table 3. Performance comparison for different methods on check-in datasets (Best
result is indicated in bold).

Foursquare (TKY) Foursquare (US) GeoTweets (LA)
Method HR@1 HR@10 HR@20 HR@1 HR@10 HR@20 HR@1 HR@10 HR@20 ε (km)

NL 0.0094 0.0242 0.0692 0.0097 0.0180 0.0637 0.3270 0.4368 0.4539 4.132
MFL 0.0231 0.0732 0.1421 0.0220 0.0736 0.1401 0.3480 0.4582 0.4772 3.721
Cluster 0.0161 0.0330 0.0760 0.0140 0.0308 0.0723 0.3482 0.4690 0.4921 3.980
ST-RNN 0.0676 0.1400 0.2668 0.0641 0.1358 0.2528 0.4328 0.6096 0.6502 2.498
SERM 0.0716 0.1653 0.2962 0.0688 0.1593 0.2873 0.4591 0.6267 0.6930 2.292
BPR 0.0537 0.1280 0.2657 0.0542 0.1234 0.2607 0.3719 0.5117 0.6893 2.599
RankGeoFM 0.0680 0.1409 0.2730 0.0618 0.1354 0.2702 0.3950 0.5506 0.7122 2.512
TrajCom 0.0984 0.2231 0.3219 0.0880 0.2131 0.3169 0.5670 0.7161 0.8614 2.130

Table 4. Performance comparison for different methods on Geolife dataset (Best result
is indicated in bold).

Geolife(BJ)-Walk Geolife(BJ)-Bike Geolife(BJ)-Car
Method HR@1 HR@10 HR@20 ε (km) HR@1 HR@10 HR@20 ε (km) HR@1 HR@10 HR@20 ε (km)

NL 0.7054 0.8541 0.8894 0.687 0.6297 0.7802 0.8597 0.708 0.4231 0.6211 0.7200 1.364
MFL 0.1910 0.2539 0.3321 2.936 0.2020 0.2736 0.3012 2.960 0.1839 0.2317 0.2875 2.985
Cluster 0.7376 0.8600 0.8981 0.645 0.6941 0.8308 0.8582 0.671 0.6236 0.7731 0.8129 0.937
ST-RNN 0.6176 0.7300 0.8268 1.780 0.6423 0.7382 0.8518 1.703 0.5928 0.6423 0.7129 1.916
SERM 0.5716 0.6653 0.7962 1.845 0.5608 0.6529 0.7896 1.803 0.5133 0.5942 0.6537 2.035
BPR 0.2571 0.3879 0.5630 2.763 0.2542 0.3960 0.5873 2.937 0.2197 0.3518 0.5140 2.649
RankGeoFM 0.2761 0.4279 0.5930 2.459 0.3189 0.4747 0.6239 2.402 0.2732 0.4180 0.6074 2.304
TrajCom 0.6372 0.8169 0.8543 0.680 0.7140 0.8553 0.8961 0.648 0.6705 0.7931 0.8511 0.893

Check-in Datasets. As shown in Table 3, TrajCom significantly out-
performs all baseline methods on check-in datasets, i.e. Foursquare (TKY),
Foursquare (US), and GeoTweets. For example, in the Foursquare (US) dataset,
TrajCom achieves over 25% improvement on HR@1 compared with the best
baseline method. We note that Näıve methods (NL and MFL) perform worst
in general, as user check-ins are extremely sparse and the nearest first principle
cannot capture the complex surrounding information. Cluster performs slightly
better than NL, but still fails to generate meaningful results for completion due
to the sparsity of check-in data. Location prediction methods (ST-RNN and
SERM) outperform POI recommendation methods (BPR and RankGeoFM)
as they consider the sequential information. However, location prediction meth-
ods do not consider the subsequent records within the trajectory, and pales by
comparison to TrajCom. Additionally, TrajCom outperforms existing RNN-
based methods (ST-RNN and SERM) due to its ability to model the crucial
time gap information using tGRU.
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ForTrajCom and all baseline methods, the performance is better on GeoTweets
compared to the other two Foursquare datasets. This can be attributed to the
fact that the locations in Foursquare are POIs, which are rather sparse and un-
evenly distributed within the geographical space, in contrast with the grid-based
approach used in GeoTweets.

Geolife Dataset. We show the comparison results for the Geolife dataset in
Table 4. As an example, we consider the transportation mode of traveling by car,
i.e. Geolife-Car. Unsurprisingly, the strongest baseline for this particular dataset
is the clustering-based method Cluster, as Geolife trajectories are rather dense
and the human movement are constrained by the road network. This can be
captured via the clustering of historical trajectories.

Notably, TrajCom outperforms all baselines, due to its ability to jointly
model multiple influence factors.

In terms of different transportation modes, we find that TrajCom fails to
outperform the näıve Nearest Locations (NL) method for Geolife-Walk. As we
subsample trajectories in Geolife for this task, the time gap between each pair
of records may be insufficient for most users to move to a different cell with a
reasonable walking speed. Due to such an unintended constraint, NL performs
surprisingly well for this transportation mode.

4.4 Ablation Studies

We study the impact of our proposed tGRU and the multi-head attention mecha-
nism. TrajCom-vanilla uses a vanilla attention network and the standard GRU.
TrajCom-pwAtten improves TrajCom-vanilla with a popularity-weighted at-
tention network, andTrajCom-tGRU improvesTrajCom-vanilla by replacing
standard GRU with tGRU. Due to the space limit, we only present the results
of Foursquare (US) in Table 5.

Table 5. Results of ablations on Foursquare dataset.

Method HR@1 HR@10 HR@20

TrajCom-vanilla 0.0710 0.1601 0.2321
TrajCom-pwAtten 0.0751 0.1621 0.2539
TrajCom-tGRU 0.0813 0.1869 0.2980
TrajCom 0.0880 0.2131 0.3169

We observe that both tGRU and popularity-weighted attention contribute
significantly to the overall model performance. By including tGRU which mod-
els the vital time gap information for trajectory completion, TrajCom-tGRU
improves HR@1 of TrajCom-vanilla form 0.0710 to 0.0813. By adopting the
popularity-weighted multi-head attention, TrajCom improves HR@1 of Traj-
Com-tGRU form 0.0813 to 0.0870, as it is capable of attending to information
from different embedding subspaces. By integrating both components, Traj-
Com further boosts the performance by 24% in terms of HR@1 compared to
TrajCom-vanilla. Similar results can be observed in the other datasets.
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5 Conclusions

We proposed a neural filtering-and-encoding method TrajCom for completing
sparse and irregular trajectories. The novelty of TrajCom lies in two aspects:
(1) A context-guided neural filtering module that identifies a set of reference
trajectories which are strongly correlated with the target trajectory.

(2) a time-aware neural encoding module which learns recurrent representa-
tions for records in reference trajectories and the target trajectory for inferring
the missing location. Our experiments on four real-world datasets have demon-
strated the efficacy of TrajCom compared with state-of-the-art baselines.
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